TRUONG THPT LE HONG PHONG-TAI LIEU LUYEN THI MON TOAN LOP 12
TAI LIEU LUYEN THI TOAN THPT:
-PHAN I: DAI SO-GIAI TICH (Trang 1)
-PHAN II: HINH HOC (Trang 44)

Céac phan duoc tom tat ly thuyét,phan chia theo cac dang todn va bai tap tv luyén

-PHAN I1I: 5 DE ON LUYEN BAM SAT BE MINH HQA CUA BO NAM 2023 CO DAP AN (Trang 69).

(Théy Truong Vinh : chd bién- Thdy Khdnh Long: Phan I-Thdy Quang Phing : Phan Il va Il )

PHAN I: PAI SO VA GIAI TICH
CHU BE 1: CAP SO CONG-CAP SO NHAN
1- CAP SO CONG-CAP SO NHAN

A A ~
Cap so cong

1. Pinh nghia:(un) ld cdp s6 cong < Uns1 = Un + d, Y e N*(d: cong sai)
2. S6 hang téng quat: u, =u +(n—1)d véin =2

K, o & W +tu ..
3. Tinh chat cac so hang:uk=%vmk22

n(u +u) _ n[2u+(n-1)d]
2 2

4. Tong n s0 hang dau tién: S, =u; +u, +...+u, =

Cap sO0 nhan

1. Pinh nghia:(Un) ld cdp 56 nhdn < Uns1 = Un.q voi n € N*(q: cong boi)
2. S6 hang tong quat: u = ul.q"_1 voin >2

, Ay r A L2 ‘e
3. Tinh chat cac s0 hang: u, =u,_,.u,  voik >2

S, =nu, voi g =1
4. Tong n s6 hang dau tién: 1-¢"
8 8 Sn=—”1( ) i gl
1-¢
Vi dul: (P& thi TN 2022) Cho cép s6 nhan (u,) véi u, =1 va u, = 2. Cong bdi cua cap s6 nhan da cho la
A.q:%. B.qz—%. C.g=-2. D.g=2.

. P 1 .
Vi du 2: (Minh hea 2023) Cho cap s6 nhan (u,) v6i U, =2 va cong boi q = 5 Gia tri cua u, bang

A3 B 1. c.t p. L.
2 4 2
Léi giai

2
Chon B Taco u, =u,.q° :2.(£j i 1
2 4 2

BAI TAP:
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Cau 1. Cho cap s6 cong (u,) ¢6 u, =1 va u, =3. Gid tri cua u, bang
A.6 B.9 C.4 D. 5.

CAu 2. Cho cip sb cong (u”) v6i u, =3 va u, =9. Cong sai cla cap sb cong di cho bang
A. 6. B. 3. C.12, D. 6.

Cau 3. Cho cip sb cong (u“) véi u, =3 va u, =9. Cong sai cua cip sb cong di cho bang

A. 6, B. 3. c.12, D. 6.
Cau 4. Cho cép s cong (U, ) c6 u, =123 va u, —u,; =84. Tim s6 hang u,, .
AU, =242, B.u, =235. C.u, =11. D.u,=4.

Cau 5. Cho mét cap s6 cong co U, =—3; U, =27. Tim d ?
A.d=5. B.d=7. C.d=6. D. d =8.
Cau 6. Cho cap sb cong (un)cé u, +u, =20, U, +u, =—29. Tim u,,d ?

A u=20d=7. B.u =20,5d=7. C.u,=205d=-7. D.u=-205d=-7.
CAu 7. Cho cip s6 nhan (un) voi u, =3 vacong bdi g =2. Gid trj cia u,.
3
A 8. B.9. C.6. D. 2.
Cau 8. Chocéapsénhan (u,) véi u, =2 va u, =6. Cong boi clia cap sé nhan da cho bang
A 3. B. —4. C.4. D.%.
Cau 9. Cho cap s6 nhan (u,)véicong boig<0va u, =4,u, =9.Tim u,.
8 8
A U =——. B.u=—. C.u,=-6. D. u, =6.
1 3 1 3 1 1

CHU PE 2: HOAN VI-CHINH HQOP-TO HQP -XAC SUAT

1-HOAN VI-CHINH HQP-TO HQP

£UI TAC PEM: Mgt cdng viée diroc hoan thanh bdi 2 hanh dong: \
-Hai hanh déng c6 lién quan,lién tiép=>(va) Quy tac nhan
-Hai hanh d@éng khdng lién quan,tach reéi=>(hodgc )Quy tic céng
HOAN VI-CHINH HQP-TO HQP:C6 n phan tir

-Lay het va sap xep=>Hoan vi P, =n!

n!

(n—k)!

-Ldy k phdn ti(thiéu):C6 su sap xép, c6 sw phan bi¢t=>Chinh hop A* =

n!

Khong cé su phan biét, khdng co su sdp xép=>Té hop C\ =

o
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Vi du 1: (Minh hoa niim 2023 ) Cho tap hop A c6 15 phan tir. S6 tap con gém hai phan tir cia A bang
A. 225 B. 30 C. 210 D. 105
Loi giai
ChonD  S6 tap hop con ctia A la CZ =105.
Vi du 2: (D@ thi TN 2022 ) Sb cac té hop chap 3 caa 12 phan tir 1a

A. 220. B. 1728. C. 1320. D. 36.
BAI TAP:
Cau 1. Véi k va n 1a hai s nguyén duong tiy ¥ théa mén k < n, ménh d& nao duéi diy ding?
AC oM B.ct=1 c.ocko_M p. cx = Kn=k)
" k!(n-k)! "okl " (n-k)! " n!
Cau 2. C6 bao nhiéu cach chon ra 3 hoc sinh tir mot nhom cé 5 hoc sinh?
A.5! B. A C.C} D. 5°.
Cau 3. C6 bao nhiéu cach chon mét hoc sinh tir mot nhom gdm 5 hoc sinh nam va 6 hoc sinh nit ?
A 11. B. 30. C.6. D. 5.
Cau 4. C6 bao nhiéu cach chon mot hoc sinh tir mt nhém gém 6 hoc sinh nam va 9 hoc sinh nir?
A 9. B. 54. C. 15. D. 6.
Cau 5. C6 bao nhiéu cach chon mot hoc sinh tir mot nhém gém 5 hoc sinh nam va 7 hoc sinh nir 1a
A 7. B.12. C. 5. D. 35.
Cau 6. Tir mot nhém hoc sinh gdm 6 nam va 8 nit, c6 bao nhiéu cach chon ra mét hoc sinh?
A. 14, B. 48. C.6. D. 8.
Cau 7. C6 bao nhiéu cach chon hai hoc sinh tir mét nhom g@)m 10 hoc sinh?
A. Cp. B. A} . C. 10°. D. 2%,
Cau 8. Sb cach chon 2 hoc sinh tir 7 hoc sinh 1a
A 2", B. AZ. C. 7. D. 7°.
Cau 9. Co bao nhiéu cach Xép 6 hoc sinh thanh mdt hang doc.
A. 36. B. 720. C.6. D. 1.
Cau 10. C6 bao nhiéu cach xép 7 hoc sinh thanh mot hang doc?
A 7. B. 5040 . C. 1. D. 49.
Cau 11. Co6 bao nhiéu cach xép 5 hoc sinh thanh mot hang doc?
A l. B. 25. C. 5. D. 120.
Cau 12. Co6 bao nhiéu cach xép 8 hoc sinh thanh m¢gt hang doc?
A 8. B. 1. C. 40320. D. 64.
Cau 13. C6 bao nhiéu cach chon hai hoc sinh tir mot nhém gom 34 hoc sinh.

A. 2% B. A, C. 34 D. C;,
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Cau 14. Tir cac chir s6 1,2,3,4,5,6,7 lap duoc bao nhiéu sb tu nhién gébm hai chir s6 khac nhau?
A. C? B. 27 C. 72 D. A
Cau 15. Tur céc chir sb {1,2,3,4,5,6,7,8} lap duoc bao nhiéu sé ty nhién gom hai chit s6 khac nhau?
A 2° B. C2 C. A D. 8
Cau 16. C6 bao nhiéu cach chon hai hoc sinh tir mot nhom 38 hoc sinh ?
A AL B. 2%.
C. Cx. D. 38°.
Cau 17. Cho tap hop M ¢6 10 phan tir. S6 tap con gom hai phan tircia M 12
A A B. A2 C.c’ D. 10°
Cau 18. S6 cach phan 3 hoc sinh trong 12 hoc sinh di lao dong la:
A P,. B. 36. C. A, D. C2..
Céau 19. C6 tat ca bao nhiéu cach xép 6 quyén sach khac nhau vao mot hang ngang trén gia sach?
A. 5l B. 6°. C. 6l D. 6°
Cau 20. Mot t6 ¢d 7 hoc sinh nam va 5 hoc sinh nit. Hoi ¢ bao nhiéu cach chon 2 ban truc nhat sao cho

¢6 nam va nix?

A. 35. B. 49. C.12. D. 25.
Cau 21. Tir cac chir s6 1, 2, 3, 4, 5 ¢6 thé lap dugc bao nhiéu sé tu nhién ¢6 5 chit s6 doi mot khac nhau?
A. 3125. B. 125. C. 120. D. 625.
Cau 22. Mot chi doan c6 16 doan vién. Can bau chon mot ban chap hanh ba nguoi gém bi thu, phé bi thu

va ty vién. S6 cach chon ra ban chap hanh néi trén la

A. 560. B. 4096. C. 48. D. 3360.
Céau 23. C6 bao nhiéu cach chon 2 hoc sinh tir mot nhém gom 10 hoc sinh?
A. Ck. B. A. C. 10°. D. 2¥.
Cau 24. Cho tap hgp X gdm 10 phan ta. S6 cac hoén vi cia 10 phan tir caa tap hop X 1a
A. 10! B. 10°. C. 2", D. 10°.
Cau 25. C6 bao nhiéu cach sap xép 5 hoc sinh thanh mot hang doc?
A 5. B. 5!, C. 4!, D. 5.
Cau 26. Cho da giac 16i n dinh (n>3). Sé tam gidc c6 3 dinh la 3 dinh ciia da gidc da cho 1a
3
A A. B. C:. c; D. n!.
Cau 27. Trong mot da giac 16i N canh, sé duong chéo cua da giac 1a
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A. C?. B. A, C. A—n, D.C*-n.
Cau 28. S6 giao diém tdi da cuia 10 dwodng thang phan biét 1a
A. 50. B. 100. C. 120. D. 45.
2- XAC SUAT
e X4c suat ctia bién cb: P(A) = LGY
n(Q)
¢0 <P(A) <1; P =1; P(©)=0

e Qui tic cong: Néu A 1B = @'thi P(A UB) = P(A) + P(B)
Mé rong: A, B bat ki: P(A UB) = P(A) + P(B) — P(A.B)
eP(A)=1-P(A)

e Qui tic nhan: Néu A, B doc lap thi P(A. B) = P(A). P(B)

Vi du : (Minh hoa 2023) M6t hop chtra 15 qua cau gom 6 qua mau do duoc danh sé tir 1 dén 6 va 9 qua mau
xanh dugc danh so tir 1 dén 9. Lay ngau nhién hai qua tir hop do, xac suat dé lay duoc hai qua khac mau dong
thoi tong hai s6 ghi trén ching 1a s6 chan bang

Céau 1.

Cau 2.

Céau 3.

Céau 4.

A g 18 c. 2 D.
= 35 35 35
Léi gii

~N| -

Chon A
S cach lay ngau nhién 2 qua cau tir hop la: CZ =105 cach
Dé tong hai s6 ghi trén hai qua cau 12 sé chdntacé 2 TH sau:
TH1: Hai qua cau khac mau cling danh s6 lé: CL.Ct =15 céach
TH2: Hai qua cau khac mau nhau cting danh s6 chan: C,.C; =12 cach
12+15 9
105 35

Vay X4c suat can tinh 1a: P =

BAI TAP:

Tung mét vién stc sdc can doi, tim xac suat dé so cham xuat hién nho hon 4 .

A B. <. c. = D. —.
2 6 36 256

Mot hop deén co 12 bong trong d6 cd 7 bong tbt. Liy ngiu nhién 3 bong, xac suat dé 1y duoc it nhat 2
bong tt 1a
N B. . c. L. p. 2.

44 44 11 11
Trong mot hop gdm 8 vién bi xanh va 6 vién bi tring, chon ngiu nhién 5 vién bi. Xéc suat dé 5 vién bi
duoc chon ¢d ca bi xanh va bi tréng

20 B. 222 c. 2% D. .
1001 ) 143 ’ 1001 ) 143
Gieo hai con xuc xac can doi dong chat. Xac suat dé tong hai mat xuat hién bang 7 1a
INES B. <. c.2. p. 2.
7 6 6 7
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Caub. Mot 16p c6 20 hoc sinh, trong d6 cd 6 hoc sinh gidi Toan, 5 hoc sinh gioi Van va 4 hoc sinh gioi ca 2
mon. Gido vién chu nhiém chon ra 2 em. Xéc suat 2 em d6 1a hoc sinh gioi

AL g 109 c. 2L D. 2.
20 190 190 20
CHU BE 3: PAO HAM
1. /=0 2. z'=1
/ /
3. 2" =ns"' neNn>1 4, " =nu"'W neENn>1
/ 1 ! Ul
5. Nz = ——V&>0 6. Ju =——Vu>0
N wu
/ / ’
7. 1 :—L,Vaz:cO 8. 1 :—U—,Vu:tO
x 7’ u u’
/ /
9. kz =k 10. ku =k
/ /
11. cosz = —sinz 12. cosu = —u'sinu
/ /
13. sinz =-cosz 14. sinu = u'.cosu
/ / /
15. tanz = 12 16. tanu = u2
cos” T cos” u
/ 1 ! u
17. cotx = — 18. cotu = —
sin® z sin® u
/ /
19. [ax + b] _ ad —bc 20 algpQ +bz +c _ ab, —ab, z° +2 ac, —a,c T+be, —be
cr +d c:1:~}—d2 a2x2+b233+02 a2x2+b2x+02 ’
(a*) =a*Ina: (e¥) =e*; (e") =g
(a) =a'Inay’
' 1
(Iogalxl) =—0 ' ' !
xIna (Inlx]) _1 (x > 0); (Inful) 4
i u’ X u
(1og, ulf =2
ulna
Vi du 1: (Minh hoa 2023) Trén khoang (0;+ o), dao ham ciia ham s y =log, x la
A. y’=1. B. y’:i. C. y':ln—s. D. y’:—i.
X xIn3 X xIn3

Vi du 2: (Minh hoa 2023) Trén khoang (0;+ o), dao ham ciia ham s y = x” la
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Ay =xx"t. B.y =x"". C. y'=£x”‘1. D. Yy =7ax".
T
Vi du 3: (D& thi TN 2022) Pao ham caaham sé y=x° la
A. y’:—lx’2 B. y':—lx’4 C.y=-x". D. y=-3x".
2 3
BAI TAP:
Cau 1: Chohamsé f(x)=In(x*+1). Dao ham f'(1) bang
A.In—z. B. 1. C.l. D. 2.
2 2
A p \ ) \ e x-1
Cau 2: Tinh dao ham caahamso y=In——
X+2
-3 -3 3 3
Ay=—° _ By=— 2> _ Cy=— 2 Dy=—°>
(x=1)(x+2) (x-1)(x+2) (x-1)(x+2) (x-1)(x+2)
Cau 3: Chohamsé y = 2 ;3 . Giatri y'(0) bang: A. Ing B.1 C. Ing D.0
Cau 4: Pao ham caa ham sé y = (2x* —5x+2)e* la:
A. xe*. B. (2x° —x-3)e". C. 2x%*. D. (4x-5)e*.
Cau 5: Ham s y = 22°** ¢4 dao ham 13
Ay =(4x+1)22In2 B. y'=2*""In2,
C. y =(4x +1)22Xz*xln(2x2 +x). D. y'=(2x2 +x)22x2”|n2.

CHU BE 4: SUDPONG BIEN NGHICH BIEN CUA HAM SO

1.Pinh nghia: Cho ham s6 y = f () x4c dinh trén D, v6i D 1a mot khoang, mot doan hodc nira khoang.
1.Ham s6 y = f(x) dugc goi 1a dong bién trén D néu Vx, X, € D, x <%, = (%) < f(X,)
2.Ham s6 y = f(x) dugc goi la nghich bién trén D néu Vx,,x, € D, X, <X, = f(x)> f(x,)
2.Picu kién cin dé ham s6 don diéu: Gia sir ham s6 y = f(X) c6 dao ham trén khoang D
1.Néu ham sé y = f(x) dong bién trén D thi f'(x)>0,vxeD
2.Néu ham s6 y = f(x) nghich bién trén D thi f'(x)<0,vxeD
3.Diéu kién dii dé ham s6 don diéu:
LPinh Iy 1. Néu ham s6 y = f (x) lién tuc trén doan [a, b] va c6 dao ham trén khoang (a,b) thi ton tai it nhat mot
diém c e (a,b)sao cho: f(b)—f(a)=f'(c)(b-a)
2.Dinh Iy 2. Gia sir ham s6 y = f (X) co dao ham trén khoang D
1.Néu f'(xX)>0,vxeD va f'(x)=0 chi tai mot s6 hitu han diém thudc D thi ham sb dong bién trén D
2Néu f'(x)<0,vxeD va f (x)=0chi tai mot s6 hitu han diém thudc D thi ham sb nghich bién trén D
3.Néu f'(x)=0,Vxe D thi ham sb khong ddi trén D




Céu 1.

Céu 2.

Cau 3.

Cau 4.

Céau 5.

Cau 6.

Cau7.

Vidu 1:
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#Dang 1. Xét tinh dong bién -nghich bién caa ham so cho trwéc

Ham s6 nao dudi day dong bién trén khoang (—o0;+00)?
A.y:X—_l B. y=xX>+X C. y=—x"-3x D.y:X—Jrl
x—2 X+3

. X—2 ;
Chohamso y= R Ménh dé nao dudi day ding?
_l’_

A. Ham sb nghich bién trén khoang (—oo;+00)  B. Ham s nghich bién trén khoang (-1 +)
C. Ham sb nghich bién trén khoang (—o0;—1)  D. Ham s6 ddng bién trén khoang (—oo;—1)
Cho ham s y = x*—3x*. Ménh dé nao dudi day dang?

A. Ham sb ddng bién trén khoang (0;2) B. Ham sb nghich bién trén khoang (0;2)

C. Ham s6 nghich bién trén khoang (—o0;0)  D. Ham sé nghich bién trén khoang (2;+)

Ham s y== 1 nghich bién trén khoang nao dudi day?
x?+
A. (—o0;+0) B. (0; 4+x) C. (—;0) D. (-1,1)

Cho ham s y =+/2x +1 . Ménh d& nao duéi day ding?

A. Ham s dong bién trén khoang (0;+ o) B. Ham s6 dong bién trén khoang (—oc;0)
C. Ham s6 nghich bién trén khoang (0;+0)  D. Ham so nghich bién trén khoang (-11)
Ham sd nao sau day nghich bién trén R ?

A y=x>-3x+2. B. y=x*+2x"+2.

C. y=—x*+2x*—4x+1. D. y=-x*-2x*+5x-2.

Ham s6 y = x* —3x nghich bién trén khoang nao?
A. (—oo;—l). B. (—oo;-l—oo). C. (—1;1). D. (0;+oo).

Dang 2. Xét tinh ddng bién -nghich bién cia ham sb cho béi bang bién thién hosc dé thi

(ma dé 101-TN 14n 1-2021) Cho ham s6 y = f (x) c6 dd thi la duong cong trong hinh bén. Ham s6 da
cho nghich bién trén khoang nao dudi day?

|

YA

e
V=

s =
@)
s

®@. (0;1). ®. (—oo;O). ©. (0;+oo). D. (—1;1).

Vi du 2: (Minh hea 2021) Cho ham s f (x) c6 bang bién thién nhu sau:
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U —00 -2 () 2 +00

f'(z)

“p 0 0 + 0
1 1
-0 ] —00

Ham s6 di cho dong bién trén khoang nao, trong cac khoang dudi day?

A. (-2;2). B. (0;2). C. (-2;0). D. (2;+).
Vi du 3: (ma 104-lan 2 -2020) Cho ham sé y = f(X) c6 db thi la dudng cong trong hinh duéi déy.

Ham s6 da cho nghich bién trén khoang nao dusi day?A. (L +w).B. (0;1).C. (-10). D. (-o;0).

Vi du 4: (m& 103-2019) Cho ham sé f (x) c6 bang bién thién nhu sau:

fl:x:I - 0 + 0 - 0 +
f(x] +uo 3 + @
\ 0 / \ o/

Ham s6 da cho ddng bién trén khoang nao sau day ?A. (=10).  B. (=L+w). C.(-w0;-1). D. (0;1).

Vi du 5: (Minh hea 2023) Cho ham sé y = f (x) c¢6 bang bién thién nhu sau:

T |—o0 1 3 ~+00
/(@) F 8 - g =
2 +00
f(z) / \ /
—— 0
Ham sb da cho nghich bién trén khoang nao dudi day?
A. (0;2). B. (3;+). C. (—;1). D. (13).

Vi du 6: (D& T6t nghigp 2022) Cho ham s6 y = f (x) c6 bang bién thién nhu sau:
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Ham so da cho nghich bién trén khoang nao dudi day?

A. (l,—l—oo) X |-w -1 0 1 +
f'(x) - 0 -
B. (0;1). — S —
3
C. (—1,0) - f(x) \ ) /7' ~a . /
D. (0;+x).
BAI TAP :

Cau 1. Cho ham so y = f (x) c6 bang bién thién nhu sau

x | - -1 0 1 +®

v - 0 + 0 - 0
3

+
+n

Ham sb da cho nghich bién trén khoang nao dudi day?
A. (0;1) B. (—0;0) C. (L;+0) D. (-10)
Cau 2. Cho ham sé y = f(x) c6 d6 thi nhu hinh bén. Ménh dé nao duéi day dung?
A

¥

¥

[

A. Ham sé nghich bién trén khoang (0; 2). B. Ham s6 dong bién trén khoang (—oo; 2).
C. Ham sé nghich bién trén khoang (—2;2).  D. Ham s dong bién trén khoang (0; 40).
Cau 3. Cho ham sé y = f(x) c6 bang bién thién nhu hinh v& sau
X —a0 -1 0 1 40
Y + 0 -

I + 0 -
3
; 2 / \’ 2
’ / \’ -1
Ménh dé nao duéi ddy ding? o
A. Ham s6 dong bién trén khoang (—1; 3). B. Ham s6 dong bién trén khoang (—oo; 2).
C. Ham s6 nghich bién trén khoang (—2;1).  D. Ham s6 nghich bién trén khoang (1; 2).

Cau 4. Chohamsd y = f(x) xéc dinh, lién tyc trén R va c¢6 do thi nhu hinh v& dudi day. Ménh dé nao sau day
dang?

10
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.

N

X
S
r

_3 .

B. Ham s6 dong bién trén khoang (—co; —1).
D. Ham s6 dong bién trén khoang (—3; +0).

A. Ham Sc‘:) ddng bién trén khoang (—oo; 1),
C. Ham so dong bien trén khodng (0; +0).
Cau 5. Cho ham sé y = f(x) c6 bang bién thién nhu sau

X | —o0 -1 0 1 +00
Y - 0 + 0 - 0 4
+00 3 +00
. PN 7
) ~ e ~ -
. 7 ™ -
-2 -2

Ham sb da cho nghich bién trén khoang nao dudi day?

A. (1;4+0). B. (0;1). C.(-1;0). D. (—x;0).
Cau 6. Cho ham sé y = f(x)c6 bang bién thién nhu hinh v&.
X -0 -1 K] +
y' + 0 -0 +
y

Ham s6 di cho dong bién trén khoang:

A. (—x; 3). B. (=7; +). C. (—oo;E). D. (4; +0).
MUC PO 9-10 diém:

Cau 7. Cho ham s6 y=f(x). Haim s6 y= f'(X) c6 do thi nhu hinh bén. Ham s6 y = f (2—x) dong bién trén
khoang

A. (2;+) B. (-2;1) C. (-0;-2) D. (L3)
Cau 8. Chohamsé f(x), bang xét dau cia f'(X) nhu sau:

x‘ =3 -1 1 +o0
)‘_0+0_0+

Hamso y=f (5- 2X) dong bién trén khoang nao ?A. (3;4).  B. (1;3).C. (—0;-3).D. (4;5).

11
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Cau 9. Cho hamso f(x), bang xét dau cua f'(x) nhu sau:

X ‘ —oC -3 "y I 1o
fx) -0 v 0 7 0T
Ham s6 y = f (3—2x) dong bién trén khoang nao ?A. (0;2). B. (2;3).C. (-»;-3). D. (3;4).

Cau 10. Cho hamsd f(x). Hamsé y = f'(X) c6 d thi nhu hinh bén. Him s6 g(x)= f (1-2x)+x* —X nghich
bién trén khoang nao dudi day ?
: = >

X

A (1;5). B. (O;Ej. C. (-2-1). D. (2;3).

Cau 11: (Minh hea 2023) Cho ham s y = f (x) c6 dao ham f'(x)=(x—2)"(1-x) v&i moi x € R. Ham sb da
cho ddng bién trén khoang nao duéi day?
A. (32). B. (L+). C. (2;+). D. (—o0;1).

3. Tim m dé ham s6 don diéu trén cac khoang cho truwdéc

A . A ‘ . 1
Cau 1. C6 bao nhiéu gia tri nguyén ctia tham s0 m sao cho ham s6 f(X) = 3 x* +mx* +4x+3

ddng bién trén R .A. 5. B.4. C.3. D.2.
Cau 2. Cho ham sb y=—x"—mx’+ (4m + 9)x+ 5, voi m 1a tham s6. Hoi c¢6 bao nhiéu gi4 tri nguyén ctia m dé

ham s6 nghich bién trén khoang (—oo; +0)A. 5 B.4 C.6 D.7

Cau 3. Hoi ¢ bao nhiéu sd nguyén m dé ham sd y = (m2 —1) x° +(m-1)x> —x +4 nghich bién trén khoang
(—o0;+00).A. 0 B.3 C.2 D.1

Cau 4. Hoi c6 tat ca bao nhiéu gia tri nguyén ctia tham sé6 m dé ham s ham s6 y = %(m2 - m) x> +2mx® +3x -2

dong bién trén khoang (—0;+)?A. 4. B.5. C.3. D.0.

Cau 5. S6 cac gia tri nguyén clia tham s6 m trong doan [-100;100] dé ham s6 y =mx®+mx’ +(m+1)x—3

nghich bién trén R 1a:A. 200. B. 99. C. 100. D. 201.
A \ £ mx—-2m-3 . \ £ . oA Ay 2 g g A A1
Cau 6. Choham s6 y =————— v61 m la tham s6. Goi S 1a tap hop tat ca cac gia tri nguyén cia m dé ham
xX—m
s6 dong bién trén cac khoang xac dinh. Tim s6 phan tir ctia S.
A. V0 so B.3 C.5 D. 4

CHU BE 5: CUC TRI CUA HAM SO
12
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L.Dieu kién can :
Gia str ham s0 Y = f(X) ¢6 cuc tri tai x,.Khi d6, néu y = f(X) co6 dao ham tai diém x, thi f'(x,)=0.
IL.Diéu kién di dé ham sb cé cwe tri :
1.Dinh Iy 1. (Dau hiéu 1 dé tim cuc tri ciia ham so )
Gia str ham s0 Yy = f(X) lién tuc trén khoang (a,b) chira di€ém X, va c6 dao ham trén cac khoang
(a,X,) va (X,,b) . Khi do :
+ Néu f(x) d6i ddu tir am sang duong khi x qua diém X, thi ham s6 dat cuc tiéu tai X,

+Néu (x) ddi dau tir duong sang am khi x qua diém X, thi ham s6 dat cuc dai tai X,
2.Dinh Iy 2. (péu higu 2 dé tim cuee tri ciia ham s6 ) 7 )
Gia st ham s6 Y = f(X) c6 dao ham trén khoang (a,b) chtra diém x,, f ‘(x,) = 0va f(x) c6 dao ham cap hai
khéc 0 tai diém x,. Khi do6: Néu f "(x,) <0 thi hs dat cyc dai tai diém x,+ Néu f "(x,) >0 thi ham s dat
cuc tiéu tai diém X,
Dang 1: Xac dinh cuc trj thong qua bang bién thién,do thi ham s6 y = f(X) .
Vi du 1: (Minh hoa 2023) Cho ham s6 y = ax* +bx® +¢ ¢6 d6 thi 1a duong cong trong hinh bén. Diém cyc tiéu
cua dd thi ham s da cho co toa do 1a
AY
2

8Y

/—'10 1\

A. (-12). B. (0;1). C. (12). D. (3,0).

Vidu 2: (P& TN 2022) Cho ham s6 y = ax* +bx? +¢ c¢6 d thi nhu dudng cong trong
[ |

hinh bén. S6 diém cuc tri ciia ham sé da cho 1a | |

Al ‘|‘ |‘
B. 3. I"“I .'I
C. 2. VARV,
D. 0.
Vi du 3: (Minh hea 2023) Cho ham sé bac bay = f(x) c6 db thi 1a dudng cong trong hinh bén.
z;ﬂ

8y

Y

Gia tri cuc dai ctiaham s da cho 1a:A. 1.  B. 3. C.2. D.O.
Dang 2: Xac dinh cwe tri ciia ham s6 y = f (X) cho truéc

13
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Vi du 1: Diém cuc dai cua d thi ham s6 y = x°® —6x? +9x co tong hoanh do va tung do bang

A.5. B. 1. C. 3. D. -1.
Vi du 2: D6 thi ham s§ y = x* —x* +1 c6 bao nhiéu diém cuc tri c¢6 tung do6 1a s6 duong?
A. 3. B. 1. C.2. D. 0.

BAI TAP

. R . 1 1 L a2
Bai 1: Ham sb yzzx“—gxs—gx2 —3x+2019m (meR) dat cuc ticu tai diem:

A. x=3. B. x=-3. C. x=1. D. x=-1.
Bai 2: Piém cuc dai ciia do thi ham s6 y = —x® +3x+1 la:
A. M (-1-1). B. N(0;1). C. P(2-1). D. Q(13).
Bai 3: Diém cuec tiéu cua d6 thi ham sé y =—x®+ x> +5x—5 12
5 40
A. (-1-8 B. (0;-5 C.|=;— D. (L0
(-1-9) (0-5) B (x0)

Bai 4: Tim sb diém cuc tri chaham s y=x*—-2x*.A.2. B.4. C.3. D.1.

Dang 3: X4c dinh cyec trj ciia ham s y = f (X) khi cho truée bang xét dau hogic dd thi ham s6 f'(X)

Viduy 1: Chohamsé f(x), bang xét dau cia f’(x) nhu sau:

S6 diém cyc tri ciaham s dachola A. 0. B.2. C.1. D.3.

Viduy 2: Chohamsé f(x) lién tuc trén R va c6 bang xét du cua f’(x) nhu sau:

ad ‘ I —1 0 1 2 +00
f'(x) ‘ L0 - 0 4 || _ 0 _

S6 diém cuc dai ciia ham sé dd cho 1a A. 4. B.1. C.2. D.3.

Vidy 3: Choham s f (X) c6daoham f'(x)=x(x—1)(x+4)’,vx € R. Sb diém cuc dai cua ham s6 da cho
la
A. 3. B. 4. C. 2. D.1.

Vidu 4: Chohamsé f(x) cédaoham f'(x)=x(1-x)*(3—x)’(x—2)" véi moi x € R. Diém cuyc tiéu cua ham
s6 di cho 1a

A. ”x:2. B. x=3. C. x=0. D. x=1.
MUC 7-8 DIEM :

Dang 4: Tim m dé ham so dat cwe tri tai x = x0
Buée 1. Tinh y'(X,), y"(%,)

Buéc 2. Gidi phuong trinh y'(%,)=0=m?

14
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y">0—->x,=CT

Buée 3. Thé m vao y" néu gia tri
y(xo) g {y"<0—>XO:CD

Cau 1: Tim gia tri thuc cua tham s6 m dé ham sd y:%x3—mx2+(m2—4)x+3 dat cuc dai taix =3.
A m=-1 B. m=-7 C. m=5 D. m=1

Cau 2: Tim m dé ham s6 y = x® —2mx® + mx +1 dat cuc tiéu tai x =1
A.khongtontai m.  B. m=+1. C. m=1. D. me{12}.

Cau 3: Tim tit ca tham sb thuc m dé ham s6 y=(m-1) x“—(m2—2)x2 +2019 dat cuc tiéu tai x=—1.
A. m=0. B. m=-2. C. m=1. D.m=2.

5: Tim m dé ham so co n cwe tri

CAu 1: Cho ham s6 y = x* —2mx? +m. Tim tat ca cac gia trj thuc cia m dé ham sb ¢6 3 cuc tri
A. m>0. B. m>0. C. m<O. D. m<o0.
Cau 2: Cho hamsé y =X —3(m +1) x? +3(7m—3)x .Goi S 1a tap cac gia tri nguyén cua tham s6 m dé ham s

khong co cuc tri. Séphantircia S1a A. 2. B. 4. C.0. D.Vbsb.
MUC 9-10 DIEM :

Cau 3: C6 bao nhiéu gia tri nguyén cua tham s m dé ham s6 y =[3x* —4x®* —12x* +m| ¢6 7 diém cuc tri?

A S B. 6 C. 4 D. 3

CHU BE 6: GIA TRI LON NHAT - GIA TRI NHO NHAT CUA HAM SO

Caul. Chohamsé y= f(x) lién tuc trén [-3;2] va c6 bang bién thién nhu sau. Goi M, m lan luot Ia gia tri

I6n nhat va gia tri nhé nhét ciia ham s6 y = f (x) trén doan [-1,2]. Tinh M +m.

3 1 0 1 2
3 2
f(x) , / \0/ \1
A. 3. B. 2. C. 1. D. 4.
Cau2. Chohamsd y= f(x) xac dinh va lién tuc trén R c6 dd thi nhu hinh v& bén. Tim gia tri nhé nhat m

vagiatri I6n nhat M cuahamsé y = f (x) trén doan [-2;2].

15
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A. m=-5)M =-1. B m=-2;M=2. C. m=-1M=0. D. m=-5;M=0.

[ Bwéc 1: Him s6 dd cho y = f (a:) xac dinh va lién tuc trén doan [a;b].

0 Buge 2: Tinh f(a), f(,), f (=), f (=), £ (b).
[ Bude 3: Khi do:
Tﬁ%]xf(x) = max{f(a:l),f<x2),...,f(xn),f(a),f(b)}.

Tim céac diém z,z .,z trén khoang (a;b) , tai do f'(m) = 0 hodc f'(x) khong xac dinh.

min s (s) = min )£ (1), ). ). S 0)-

Vi du (D& Tét nghiép 2022) Gid tri I6n nhat cua ham s6 f (x)=x°—3x* —9x+10 trén doan [-2;2] bang
A. -12. B. 10. C. 15. D. -1.

BAI TAP:
Cau 3: Gia tri 16n nhit cia ham s§ f (x) = —x* +12x* +1 trén doan [—l; Z]béng:
Al B. 37. C. 33. D. 12.
Cau 4: Gia tri nho nhat cia ham s6 f (x) =X’ —24x trén doan [2;19] bang
A. 3242 . B. —40. C. -322. D. —45.
Cau 5: Tim gia tri 16n nhét M cta ham sé y = X" —2x* +3 trén doan [o;ﬁ] .
A M=6 B. M =1 C.M=9 D. M =83

2

+13 trén doan [2;4] .

A 3 s 7 . 5 A 5 \ A X
Cau 6: Tim gid tri nho nhat cia ham so y =

A. miny =-3 B. miny:g C. miny=6 D. miny=-2
[2:4] [2:4] 3 [2:4] [2:4]

Cau 7: Tim tap gia tri ctia ham s6 Yy =+/X—1++9—X
A T=[L 9] B.T=[2v2,4]. C.T=(19). D. T =[0; 22].

16
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A . A . . I4 . . /4 I4 1
Céau 8: Goi m, M lan luot 1a gia tri nho nhat va gia tri 1on nhat ctia ham so f (X) =5 X—+/X+1 trén doan [0; 3]

. Tinh tong S =2m+3M .

A.S:—Z. B.S:—i C. 3. D. S=4.
2 2

[0 Budc 1: Tinh dao ham f'(z).

[] Budc 2: Tim tat ca cac nghiém z, € (a;b) ciia phuong trinh f(z) = 0 va tat ca cac diem «, € (a;b) 1am cho
f'(z) khong xac dinh.
0 Buée 3. Tinh A = lim f(z), B = lim f(z), f(z,), f(a,).
* z—b” ;

T—a

() Buc 4. So sanh céc gia tri tinh dugc va két luan M = max f(z), m= I(Illbl)’l f(z).
Néu gid tri I6n nhdt (nhé nhat) la A hodc B thi ta két ludn khong cé gid tri Iom nhat (nhé nhdt).

, , 4
Cau 12: Tinh gid tri nho nhat ciia ham s6 Yy = 3x+—; trén khoang (0;+o0).
X

A. miny:? B. (ror_ljn)y=2§/§ C. (rorlin)y=33/§ D. miny=7

(0;+0) (0;+0)
A s ; . 1 . .
Céu 13: Gia tri nho nhat ciia ham s0 Y = X—5+— trén khoang (O; +oo) bang bao nhiéu?
X

A. 0 B. -1 C. -3 D. -2
MUC 7-8 DIEM :

Cau 14: Cho ham s6 y= H—T (m 1a tham s thuc) thoa man 1[12)1141]1]/ = 3. Ménh dé nao dudi diy diing?
X — 7
A m>4 B.3<m<4 C.m<-1 D.1<m<3

Cau 15: Cho ham sb y = % (m 1a tham sé thuc) thoa man r[rl"z? y+ rﬂézl]x y= % . Ménh dé nao duéi day dung?
X+ ; :

A . m>4 B.2<m<4 C. m<o0 D.0<m<2
2 - \
Cau 16: Tim gia tri dwong ctia tham s m dé gia tri nho nhét ctia ham sé y = m X > trén doan [1; 3] bang 1.
X+
A m=42. B. m=+/3. C.m=4. D. m=2.

MUC 9-10 DIEM :
Cau 17: Tinh tong tit ca cc gia tri ctia tham s6 M sao cho gié tri I6n nhét cia ham s§ y = ‘XZ —2X+ m‘ trén doan
[-12] bang 5. A. -1. B. 2. C. -2. D. 1.

CHU PE 7: TIEM CAN PO THI CUA HAM SO

1 Pwong tiém can ngang

17
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Cho ham s6 y = f(z) xac dinh trén mot khoang v han (la khoang dang (a;+oo),(—oo;b) hoac
(—o0;+%0)). PBuodng thang y =y, 1a duong tiém cén ngang (hay tiém can ngang) cua do thi ham sb
y = f(z) néu it nhat mot trong cac diéu kién sau dugc thoa man: lim f(z) = Y,, lim f(z) =y,
2 Pwong tiém can ding
buong thing = = z, duoc goi 1a dudng tiém can ding (hay tiém can ding) cua do thi ham sé

y=f(x) néu it nhat mot trong cac diéu kién sau dugc thoa méan:

lim f(z) =+, lim f(z) = —0, lim f(x)=—o0, lim f(x) =+

+
I*)IO TE*XTO

e -7 D .3 L a0
},u - — 0 4
1 2 3
: \ \ /
_on -3

Téng s6 tiém can dimg va tiém cén ngang cia dd thi ham s da cho la:
A. 2. B. 3. C. 4. D. 1.

Cau2. Chohamséd f(x) co bang bién thién nhu sau

x —0 0 1 +0
V' - 0
¥ 0 2 +x

oLl T~

Téng s6 tiém can dirng va tiém can ngang cua dd thi ham s da cho la
A. 1l B. 2. C. 4. D. 3.

2. Xac dinh dwong ti€ém can cia ham so cho truéc

X—2

Cau 3. Tiém can ngang cua do thi ham sé y=—1 la
X+
A y=-2. B. y=1. C. x=-1. D. x=2.
R . S 2X+2 .
Cau4. Tiém can dang cua do thi ham so y = 1 la
A x=2. B. x=-2. C. x=1. D. x=-1.
2
Cau 5. Tim sd tiém cén cta d6 thi ham sd y:%
X —

18
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A. 2 B. 3 C.0 D.1
Cau 6. So tiém can dimg ctia do thi ham s6 y = # la
X° + X
Al B. 2 C.o D. 3
. . 5X +1—+/X+1 .
Cau 7. b6 thihamso y = —;2 ox * ¢ tat ca bao nhiéu duong tiém can?
A. 3 B.0 C.2 D.1

Dang 3. Pinh m dé do thi ham so ¢6 dwong tiém cin théa man di€u Kkién cho truéc

-1

Cau 8. C6 bao nhiéu gia trj nguyén duong cua tham s m dé dd thi hamsé y = e
X" —oX+Mm

c6 3 duong tiém can?

A. 14, B.8. C.15. D. 16.

Cau 9. Co6 bao nhiéu sé nguyén ciia mthudc doan [-100;100]de do thi ham sb y = c6 ding

1
(x—m)\/2x—x2

hai duong tiém can? A. 200. B. 2. C.199. D. 0.

‘ CHU DE 8: PO THI CUA HAM SO
Dang 1: Nhan dang do thi ham so

Cau1l: (Minh hoa 2023) P thi ham s6 nao dudi day c6 dang dudng cong nhu hinh bén
y »

M

A y=x"-3x*+2. B. y=X—_i’. C. y=x*—4x+1. D. y=x*-3x-5.
X_

BAI TAP:
Caul. DO thisau day la caa ham s6 nao? y

A y=—x-3x*-2. /‘\ /

B. y=x>+3x"-2. 2 10 .

C.y=x-3x*-2. - _\/ v

D. y=—x*+3x*-2. -2 [
Cau2. Db thisau day la cua ham s6 nao? , , , —

Q x

A f)=x*+2x2. B. f(x)=—x*+2x%. / \
C. f()=—x*+2x>-1. D. f(x)=x*—-2x°. y

Cau 3. Db thi sau day la cta ham sé nao?

19
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y= X+1 y= X+3
2x+1° 2x+1°

X x-1

. y= . D.y= .
C.y 2x+1 y 2x+1

Céu 4.

Trong bén ham sé duoc liét ké & bén phuong an A, B, C,

Ham s6 nao c6 bang bién thién nhu sau?
A. y=2x"—-6x. B.y=-2x’+6x-8.

C. y=-2x>+6x. D. y=2x>-6x+8.

Céu 5.
nhu sau?
A y=x"—2x*+1.
B. y=—x"+2x"+1.
C.y=x'-2x*+2
D. y=-x"+2x*+2

Cau 6. Trong bdn ham sé dugc liét ké Y bén phuong
an A, B, C, D duéi day. Ham s6 nao c6 bang
bien thién sau?

_x-1 _ —2X

A’ Txet g7 Tx

_1-2x _2x-1
C_y_ X+1 D_y_ X+1

MUC 7-8 BDIEM

D dudi day.

NS

-

Trong bon ham sé duoc liét ké & bén phuong an A, B, C, D dudi day. Ham s6 ndo cd bang bién thién

Cau 7:Cho ham s6 y=ax’+3x+d (&;d € R) c6 dd thi nhu hinh bén. Ménh dé nao duéi day ding?

¥

\

/\

A.a>0,d>0. B. a<0,d>0.

_ax+1

Cau 8:Cho ham s6 f (x)= .
X+C

C.a>0,d<0. D. a<0,d <0.

(a, b,ce R) c¢6 bang bién thién nhu sau:
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x —00 2 400
f'(z) + +
400 1
f(x) 1 / B /

Trong cac sd @,b va ¢ c6 bao nhiéu sé duong?A. 2. B.3. C.1. D.O.

Dang 2: Twong giao ciia d6 thi ham sb

o +2 cb d6 thi 1a duong cong trong hinh vé& bén. Toa do giao diém
X+

Vi du 1: (Minh hoa 2023) Cho ham s y =

cta dd thi ham s da cho va truc hoanh 1a

A. (0;-2). B. (2;0). C. (-2,0). D. (0;2).
Vidu 2: (P& TN 2022) Cho ham s6 f (x)=ax*+bx*+¢ ¢ dd thi 1a dudng cong trong hinh bén. Sé nghiém thyc

cua phuong trinh f (x)=1 12

A. 2. B. 1.
C.3. D. 4.
BAI TAP:
Cau 1:Cho ham sé f () c6 bang bién thién nhu sau
X —00 2 3 +00
f'(x) +

0 - 0 +
Q0
f(x) 0
B.0. C.3. D.1.

S6 nghiém cua phuong trinh 3f (X)-2=0 13 A. 2.

Cau 2: Cho ham s Yy = f () lién tuc trén R va c6 dd thi nhu hinh v&.
21
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S6 nghiém cua phuong trinh ‘f (X)‘:Z lAA.3.B.2. C.4. D.6.
Cau 3: S6 giao diém cua do thi ham sb y = x* —3x +1 va truc hoanh I3A. 3. B.0. C.2. D.1.

Cau 4: S6 giao diém cua dd thi ham sd y = —x* +3x va d6 thi ham sé y = x® - x*Ia

A 1l B. 0. C. 2. D.3
Cau 5: Tim tt ca cac gi4 tri thuc cta tham s6 m dé d6 thi ham sé y = x* —3x? cét dudng thing y = mtai ba diém
phan biét. A. me(—0;—4). B. me(—4,0). C. me(0;+0). D. me(—o0;—4)u(0;+0).

CHU PE 9: LUY THUA VA HAM SO LUY THUA
(LY THUYET HOC SINH XEM LAI TRONG SGK)
Dang 1: Rt gon biéu thirc chira luy thira

Cau 1: Viét P =3x4x (x>0) dudi dang luy thira véi s6 mi hitu ty.
1 5 1 5
A P=x2, B. P=x2. C.P=x". D.P=x*.
Cau 2: Cho biéu thic P =x*¥/x , (x>0). Ménh dé nio dudi day dung?

7 8 6 9

A P=x2. B. P=x2, C. P=x2, D. P=x2.
Cau 3: Biéu thirc \/X\/X\/X\/X\/; (x>0) duoc viét dudi dang lity thira v6i s6 mil hitu ti 1a:
a 15 7 15
A. x* B. x? C. x8 D. x1¢

Dang 2: Tap xac dinh ham s luy thira

S6 mii o Ham sb y = x* Tap xac dinh D
o =n (n nguyén duong) y=x" D=R

o =n (n nguyén am hoac n = 0) y=x" D = R\{0}

a 1a sb thuc khdng nguyén y=x% D = (0; +o0)

Cau 1: Tap xac dinh D cia ham sb y = (x2 —3x—4)_3
A. D:R\{—l,4} B.D :(—oo;—l)u(4;+oo)
C. D=[-14] D. D=(-14)
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Cau 2: Tap xac dinh D ciia ham s6 y =(3x—5)3 la tap:

A. (2;+x) B. (%;%oj

1
Cau 3: Tap xac dinh D ciaham s y = (x3 -3x%+ 2x)4

A.(0;1)U(2;+0) B. R\{0,1,2} C. (—»;0)u(32) D. (—o0;0)U(2;+x)

1
Cau 4: Goi D la tap xac dinh cia ham sé y = (6—X —XZ) 3. Chon dap an dang:

A. {3} eD B. {—3} eD C. (—3;2) cD D.Dc (—2;3)

Dang 2: Pao ham ham sé luy thira

(xem phan dao ham chu d 3)

. 1
Cau 1: Dao ham caahamso y = la:
3 y X.("/;
5 1 5 1
A y'=— B.y'=—_ C.y'==4x D.y'=—
y 24x° Y x2 4x Y=y Y 43x°
Cau 2: Pao ham cia ham sé y = Ix2A%° 1a:
7 4 6
A. v =9x B.y'=—x C.y'=-3%x D.y'=
y'=%x y'=% y'=3 Y=
Cau 3: Pao ham cia ham s6 y =3/x*>+8 la:
3x2 3x3 3x? 3x2
Ay=—»=Z2 By=—2 C.y=—ot_ D.y'=—"
55 (X3 +8)6 2\5/X3+8 5\5/X3+8 55 (X3 +8)4

Cau 4: Cho f(x) = 3/x—2 . Pao ham £(0) bang:A. 1 B. 1 C.¥2D.4
X+1 34

CHU DE 10: LOGARIT
A— LY THUYET TOM TAT
1. Dinh nghia

eVsia>0,a=1,b>0taco: log,b=a<=a*=b

a>0a=1

Chuay: log, b c6 nghia khi
b>0
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e Logarit thap phan: lgb=logb=1log,, b

e Logarit ty nhién (logarit Nepe): Inb=log, b (voi e= Iim(1+%) ~2,718281)

2. Tinh chit
e log,1=0; log,a=1; log,a’ =b; 2% =p (b >0)
eChoa>0,a#1,b,c>0.Khido:
+Néua>1thi log,b>log,c<b>c
+Néu 0 <a<1thi log,b>log,c<b<c
3. Céac qui tic tinh logarit

Véoia>0,a=1,b,c>0,tacé:
e log,(bc)=log, b+log,c e log, (%) =log,b—log,c e log, b* =alog, b

4. D6i co s6
Voia, b,c>0vaa, b1, taco:

log, C

e log,c= hay log, b.log,c=log,c e log, b= e log , c:ilogac (a=0)
log, b log, a 8 o
Vidu: Véi a 1asé thue duong tuy y, log,(9a) bang
A %+ log, a. B. 2log, a. C. (log;a)’. D. 2+log,a.
BAI TAP:

Cau l: Cho a>0, a1l khéng dinh nao sau day sai?
A.log,a’=2. B. log . a= % C. log,2a=2. D. log,2a=1+log, 2.
Cau 2: Cho a lasb duong khac 1, b 12 56 dwong va o 1a s6 thyc bat ki. Ménh dé nao duéi ddy dung?

A. log, b* = L log, b. B. log, b* =alog, b.
a

C.log,.b= 1 log, b. D. Iogaa b=«alog,b.
a
Cau 3: Véi cac s thue duong a,b bat ki. Khang dinh nao sau day 1a khang dinh dung?

A. log(ab)=log(a+b).B. Iog(gjzlogb(a).c. log(ab)=1loga+Ilogb .D. Iog(glzlog(a—b).

Cau 4: Cho log, b=« . Khang dinh nao sau day 1a khang dinh dting?

A. b=d" B. b=a“. C.b=caa D. a=Db’
a b
Caus: Cho a+b=1thi —+ 4+ 4

s g A4 B. 2. C.3. D. 1.
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CHU DE 11: HAM SO MU, HAM SO LOGARIT
1) Him sé mii y=a* (a>0, a=1).

e Tap xac dinh: D =R.
e Tap giatri: T = (0; +o0).
e Khi a > 1 ham s ddng bién, khi 0 < a < 1 ham sé nghich bién.

¢ Nhan truc hoanh lam tiém can ngang.

e D thi:
y R} . y
y=a y=a \
/ i N
—/1 X X
a>1 O<a<1

2) Ham s6 logarit y=1log, x (a>0,a=1)

e Tap xac dinh: D = (0; +o). e Tap gia tri: T=R.
e Khi a> 1 ham s dong bién, khi 0 < a < 1 ham s nghich bién. e Nhan tryc tung lam tiém
can dang.
« D6 thi:
y
y

y=loga.x y=logax

N . -'\1 :

N

a>1 O<a<1
3) Pao ham
o (a¥) =a*Ina; (a") =a’ Inau () =e*; (e') =e'w
' 1 oo r 1 o
o (log, Ixl) = ; (log, lul) =—— (Inlxl) == (x>0); (Inful) =—
xIna ulna X u
BAI TAP:

Cau 1: Tap xac dinh D cta ham s6 y = log, (x2 —2X —3)
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A.D=(-13)  B.D=(—0;-1)uU(3+0) C.D=[-L3]

Cau 2: Ham sb nao duéi day dong bién trén tap xac dinh cua ng?

Ay=(05) B.y= @j C.y=(v2)

Cau 3: Ham sb nao dudi day thi nghich bién trén tap xac dinh caa n6?

A.y = log, x B.y=log ;X C.y=log, X

g

Cau 4 Cho d6 thj cua cac ham sé y=a*,y=b*,y=c*(a,b,c
duong va khac 1). Chon dap an dung:

A.a>b>c B.b>c>a

C.b>a>c D.c>b>a

Cau 5: Cho d6 thi hai ham s6 y=a* va y=Ilog, X nhu hinh v&:

Nhan xét nao dung?

A.a>1b>1 B.a>10<b<l1

C.0<a<10<b<1 D.0O<a<1lb>1

e L2
Cau 6: Dao ham cia hamso y=¢e"" " la:

sin?x sin x sin? x

A. cos® xe B. cos2xe C. sin2xe
Cau 7: Dao ham ctia ham y = (x* —2x)e” la:
A. (x2 —2x+2)ex B. (x2 —2)eX C. (x2 —x)eX

D. D =(—0;-1]U[3;+)

D.y = log, x

4
y=b~

)

b
y=a*
z

y
1 x
1

y=a*

-2 10 1 2 %
-1
y=logyx

sin®x-1

D. sin®x.e

D. (x2 + 2)eX
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CHU PE 12: PHUONG TRINH MU

b>0
1. Phwong trinh mii co ban: Voia>0,a=1: a*= b<:>{ log. b
X =log,

2. Mgt s6 phwong phap giai phwong trinh mii

a) Pua vé cung co s Véia>0,a=1: a"™ =a'™ < f(x) =g(x)
ChU ¥: Trong truong hop co sé ¢6 chira an sé thi: a"=a" < (@-)(M-N)=0
b) Logarit hoa: a'™ =p*™ < f(x) =(log, b).g(x)

¢) bit an phu:

£(x) t=a"", t>0 . . ,
e Dgng 1: P@"™)=0 < , trong d6 P(t) 1a da thic theo t.
P(t)=0
a £(x)
e Dang 2: aa’ ™ +B(ab) ™ +yb*™ =0 Chia 2 vé cho b* ™ | r6i dat an phy t= (Bj

: 1
eDgng3: a" +b'™ =m,vsi ab=1.Dat t=af<X>:>bf<X>=¥

BAI TAP:

X+1
Cau 2: Nghiém ciia phuong trinh (%) _125% [¥A.1 B.4 C. —% D. —%

Cau 3: S6 nghiém cia phuong trinh 22 ™ =113A.2 B.1 C.3 D.0
Cau 4: Sb nghiém cta phuong trinh 2°*—-2**=1514 A.3 B.2 C.1 D.0

Cau 5: Phuong trinh 4 +2°* =3 c6 higu cc nghiém|x, —X,| bing:A.2  B.1 C.0 D.-1
Cau 6: Phuong trinh 3.2* —4*-8=0¢0 2 nghiém x1, X2 vatong xi+x21aA.2 B.3 C.4 D.5
Cau 7: Phuong trinh 9% —3.3" +2=0¢0 2 nghiém x1, X2 .Giatri A =2x +3x, la

A. 4log, 3 B.2 C.0 D. 3log, 2
Cau 8: Nghiém cua phuong trinh: (2+J§)COSX +(2—J§)COSX =4 la:

A. x=n+k2r B. x=k2x C. x=kr D. x=n+kn

CHU DE 13: PHUONG TRINH LOGARIT
1. Phuong trinh logarit co ban Véia>0,a#1: log, x=b<x=a"

2. Mot s6 phwong phap giii phwong trinh logarit
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a) Puavécing cosd  Voia>0 a=1: log, f(x) =log, g(x) < f(x)=9(x) "
f(x) >0 (hoaécg(x) >0)

b) Mii hoa Véia>0,a=1: log, f(x) =b <> a'"%"™ =a°
¢) Pit an phu

Vi du: (Minh hea 2023) Tich tat ca cac nghiém cua phuong trinh In®x+2Inx—3=0 bang
AL B. -2. C. -3 p. L.
e e

BAI TAP:
Cau 1: S6 nghiém ciia phuong trinh log, (X* —6) = log,(x—2) +1 la

A.3 B.2 C.1 D.0
Cau 2: s6 nghiém cua phuong trinh: log, x+log, (x+3)=1 la:A. 1 B.2 C.0 D.{L4}
Cau 3: Tap nghiém caa phuong trinh: Iogﬁ|x +1=2 1aA. {-32} B. {42}  C.{3} D.{-10;2}

Cau 4: Tap nghiém cta phuong trinh: log, (2X —1) =-2 |a:

A. {2-log, 5} B. {2+log, 5} C. {log, 5} D. {-2+log, 5}

Chu dé 14: BAT PHUONG TRINH MU

A-LY THUYET TOM TAT
e Khi giai cac bat phuong trinh mii ta can chu y tinh don diéu ciia ham s mi.

a>1

") 5 2900 oy {f (x)>9(x)
{0<a<l

f(x)<g(x)
e Ta ciing thuong sir dung cac phuong phap giai twong ty nhu ddi véi phuong trinh mii:
— Pua vé cung co sb.
— bat an phu.
Chay: Trong trwong hop co sé a c6 chiradnsé thi:  a" >a" < (a-1)(M-N)>0
BAI TAP:

Cau 1: Giai bt phuong trinh 2¥ ™ <4 Ta ¢6 nghiém .
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A -20x01. B.x [J1. C.x 2. D.-10x102.

2—-X X
Céau 2: Bat phuong trinh: (%) 2(%) c6 tap nghiém la:A. [1; 2] B.[-<;2] C.(0;1)

1

WX -3x-10 X—2
) >(§j la:A. 0 B.1. C.9 D.11

Cau 3: Sb nghiém nguyén cua bat phuong trinh(g

4x2-15x+13
Cau 4: Tap nghiém cua bat phuong trinh (Ej <2 1A
S=R S=O )3 | 3.
A. B. C.S=R\ > D.S= E,+oo

x3 x1
Cau 5: Tap nghiém cua bat phuong trinh (2++/3)*1 < (2-/3)*3 1a:

A ¢ B. R C. (01)u(3+0)  D. (13)
Cau 6: Tap nghiém cua bat phuong trinh: (x/z—l)x +(\/§+1)X —2J2>0

A. [-11] B. (—o0;—1] C. (—0;-1] U[L+®)  D. [1+x)

1 1 1

Cau 7: Tap nghiém cua bt phuong trinh: 2.4% +6* <9~
: 3 3 .
A. (0;+) B. | —oo; Iong C.|0; Iog25 D. (log, 2;1)

’ ~ Chii @& 15: BAT PHUONG TRINH LOGARIT
A—LY THUYET TOM TAT

e Khi giai cac bat phuong trinh logarit ta can chu ¥ tinh don diéu ciaa ham s logarit.

a>1
{f(x)>g(x)>0
O<axl
{O<f(x) <g(x)

log, f(x) >log, 9(X) <

e Ta ciing thudng str dung cac phuong phap giai twong tu nhu ddi véi phuong trinh logarit:
— Pua vé cung co sd.
— Pat an phu.

Cha y: Trong truong hop co 6 a ¢6 chira dn sé thi:

log, B>0< (a~1)(B-1)>0; Ilzg—ag>0<:>(A—l)(B—1)>O

a

D. g
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Vi du (Minh hea 2023) T4ap nghiém cua bat phuong trinh 2" <4 1a
A. (—oo;l]. B. (1;+oo). C. [l;+oo). D. (—oo;l).
B - BAI TAP

Cau 1: Tap nghiém ciia bat phuong trinhlog, 4x <3 I1&:A. (0;2)  B. (-=;2) C. (2;+x) D. (0;+o0)
Cau 2: Tap nghi¢m ciia bat phuong trinh log,, (x—1)>01a
A. S=(-0;2) B. S=(12) C.S=[12) D. S=(2;+w)

Cau 3: Bat phuong trinh 2log, (4x —3)+log, (2x+3)<2 Ia

Cau 4: Bét phuong trinh: log, (3x —2) > log, (6—5x) ¢6 tap nghiém la:
6 1
A. (0; +x) B. 1;g C. E;3 D. (-3;1)
Céau 56: Bat phuong trinh: log, (x+7) > log, (x+1) c6 tap nghiém la:

A. (14) B. (5;+0) C.(-1;2) D. (-0; 1)

Cau 6: Nghiém cua bat phuong trinh 2log, (4x —3) +log, (2x+3) <2 la:

3

A x>% B. —§§xs3 C.g<x§3 D. V& nghiém

Cau 7: Tap nghiém ciia bat phuong trinh: log, (X +2)—log, (x—2) <2
A. (=0-22) (242 +0) B. (242 :40) C.(2:2v2) D.(-2v2;-2)
Cau 8: Tap nghiém cua bét phuong trinh: log (x2 +2x-3)+log(x+3)—log(x-1)<0
A (-4-2)u(L+0)  B.(-21) C. (L+o0) D. &
CHU BE 16. NGUYEN HAM-TICH PHAN-UNG DUNG

Loai @. HO NGUYEN HAM CUA HAM SO

1. Pinh nghia Chohamsé f » xac dinh trén khoang x . Himsé F x dugc goi 1a nguyén ham caa ham
O fx nuF x =fx véimoi xek.

Nhan xét. Néu F x 1a mot nguyén ham caa £ x thi F x +C, CeR ciing la nguyén ham cua
f x Ky hiéu: ff xdx=F x +C.
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2. Tinh chat
= [rrax’=sx. = [5x=fxcC.
'fa.fxdxza.ffxdx aceR,a=0 'f[fx:l:gx]dxszxdxifgxdx.

3. Bang nguyén ham ciia mét sé6 ham sé thwong gap

Bang nguyén ham
[ kdx=kr -, & lahang s6
x“Jrl N 1 ax—|—b a+1
“dx = +C a=-—1 _ L e+o
fx a1 @ fax—i—b dx p— +C
1 1 1
[~dx=1n|x+C 1l dx = —Inax+8|+C
X ax+b a
fede:ex +C feax+bdx:l€ax+b+c
a
[arde= < ¢ [arrde= e
Ina m.lna
fcosxdx:sinx+C fcos ax+b dx:lsin ax+b +C
a
fsinxdx:—cosx—kc fsin ax+b dx:—lcos ax+b +C
a
1 1 1
f —dx=tanx+C fz—dx:—tan ax+b +C
Ccos” x cos” ax—+b a
1 1 1
f ——dx=—cotx+C f,z—dx:f—cot ax+b +C
sin” x sin® ax+b a
Cau 1. Trong cac khang dinh sau, khang dinh nao sai?
Ay A 1 NN J
A dex:C [c 1a hang sd]. B. f—dx:1n|x|+C [c la hang sd].
X
x(\+1 . N , . N ,
C. [x'dx==—+c [c lahing sd]. D. [dc=x+c [C lahing sb].
a+1
Cau 2. Tim nguyén ham cta ham s6 f (x) = cos3x
. sin 3x
A. IcosBxdx=33|n3x+C. B. fcosSxdx= +C.
sin 3x )
C. IcosSxdx:— +C. D. Icos3xdx:3|n3x+C.
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Cau 3. Nguyén ham caa hams6 f (x)=x*+x* la

A. 43 +2x+C. B. 1x5+lx3+C. C. x*+x*+C. D. X>+x*+C.

CAu 4. Cho F(x) 1a mot nguyén ham caa ham sé f (x) =e* +2x théaman F(0) = g Tim F(x).

A. F(x):ex+x2+g B. F(x):2ex+x2—% C. F(x):ex+x2+gD. F(x):ex+x2+%

Cau 5. Ho nguyén ham cua ham sb f (x) =e"+x la

A e +x°+C. B. ex+lx2+C. C. Lex+1x2+C. D. e+1+C.
X+1 2

Cau 6. Hamsd F x =¢ 1a mot nguy@n ham caa ham sb:

x3

C.fxzez. D. fx =x’e .

3x

A fx=¢. B. f x =3x%¢".

Cau 7. Chohamsé f(x) thoaman f’(x) =3—-5sinx va f(0) =10. Ménh dé nao duéi day la dung?

A. f(x)=3x+5cosx+5 B. f(x)=3x+5cosx+2

C. f(x)=3x—-5cosx+2 D. f(x)=3x—-5cosx+15

Loai ®. TIM HQO NGUYEN HAM BANG PHUONG PHAP POI BIEN SO
1. Phuong phap doi bién so

Néu ff x dx=F x +C thi ff[u x}.u' x dx:F[u x}—O—C.

Gia st ta can tim ho nguyén ham I:ff x dx, trong d6 ta c6 thé phantich f x =g u x u' x thi
ta thuc hién phép d6i bién sd r=u x ,suyra dr=u' x dx.

Khi dé ta duoc nguyén ham: fg tdt=G t +C=Glu x |+C.

Chu y: Sau khi tim dugc ho nguyén ham theo ¢ thi ta phai thay r=u x .
Cau 1. Tim nguyén ham ctia ham s6 £ x =+2x—1.

A. ffxdx:%Zx—l x—1+C. B. ffxdx:%Zx—I«/Zx_—l+C.
C. ffxdx:—%erC. D. ffo:%M+C.

Cau 2. Bé tinh f el: dx theo phuong phap d6i bién sb, ta dat:
A. t=c, B. r=Inx. C.r=x D. t:%.

Cau 3. [PE 2017] Cho F(X) 1 nguyén ham ctia ham sé f (x) = '“TX Tinh F(e) = F (1)

A l=e. B.Izl. C.l=

: D. I =1.
e

N |-

Cau 4. F x 1a mot nguyén ham ciia ham s y = Inx Néur e =

thi [10% g bang
X

X

N
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In® x In’x In®x In® x

A . Fx =—=4C. B. Fx = +2. C.Fx="—"=-2. D.Fx =—Z+x+C.
2 2 2 2
Cau 5. F x la mot nguyén ham ctia ham s0 y =e™* cosx Néu F = =5 thi f e™* cosxdx bang
A F x =¢™ +4. B. Fx=e""+C. C.Fx =e"+4. D. Fx =¢+C.
Cau 6. F x languyén ham cua ham sd y =sin® xcosx.F » 13 ham sb nao sau day?
5 4 s 4 .5
A.Fx:c°2x+c. B.Fx:COZx+C.C.Fx:SH;x+C. D.szsme+c.

Loai ®@. TIM HQ NGUYEN HAM BANG PHUONG PHAP
NGUYEN HAM TUNG PHAN
2. Phwong phap lay nguyén ham tirng phan
Cho hai ham s6 « va v lién tuc trén doan a:;6 va c6 dao ham lién tuc trén doan a;b .

K o fudv:uv—fvdu. .

Dé tinh nguyén ham f f x dx bang timg phan ta lam nhu sau:

Buwéc 1. Chon 4, v sa0 cho f x dx=udv [chQy dv=1v" x dx].

Sau d6 tinh v:fdv va du=u'dx.

Buéc 2. Thay vao cong thiuc * va tinh f vdu .

ChU y. Can phai lva chon » va dv hop li sao cho ta d& dang tim dugc v va tich phan f vdu dé tinh

hon f udv . Ta thuong gdp cac dang sau

. u=P x
S x
eDangl. /=P dx , trong d6 P x 1a da thirc.Vé6i dang nay, ta dat i .
ang f x Cosx] g ¥ ang nay 9 4y 150 |4,
COoSx
) \ , , - . . |lu=P «x
e Dang 2. /= f P x ¢*"dx, trong d0 P x la da thuc.Véi dang nay, ta dat .
dv = e™"’dx

e Dang 3. I:fP x In mx+n dx , trong d6 P x la da thuc.

u=1In mx+n

Vi dang nay, ta dat {

dv=~P x dx
. sinx
n . \ = =
e Dang4. I = f zosz ¢*dx . V&1 dang nay, ta dat cosx|.
dv=e"dx

Cau 1. [PE 2017] Cho F(x) = (x—1)e* 1a mot nguyén ham cta ham s6 f(x)e**. Tim nguyén ham cta ham s6
f'(x)e*.

2_
A. [ H/(x)e¥dx = (4-2x)e" +C B. [ f(x)e”dx=""Ze"+C
C. [f'(x)e”dx = (2-x)e* +C D. [ f/(x)edx = (x—2)e* +C
Cau 2. Hamsd f x = x—1 ¢* c6 mot nguyén ham F x 13 két qua nao sau ddy, biét nguyén ham nay bang 1
khi x=07?
A Fx=x—1¢". B.Fx=x-2¢". CFx=x+1e+1.D. Fx=x-2¢e+3.

Cau 3. Tinh nguyén ham I:fsinx.e"dx, ta dugc:
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A. I:%e"sinx—e"cosx +C. B. I:%e"sinaﬂ—e"cosx +C.

C. I=¢"sinx+C. D. I=¢"cosx+C.
Cau 4. Ho nguyén ham ctia ham s6 f (x)=4x(1+Inx) la

A. 2x%Inx+3x°. B. 2x%Inx+X2. C. 2x°Inx+3x*+C. D. 2x*Inx+x*+C.
Loai @. PINH NGHIA TiCH PHAN
1. Pinh nghia
Cho f x 1a ham sd lién tuc trén X VA a, 5 1a hai s6 bat ki thuéc k. Gia st F x 1a mot nguyén

hamcta f » trén K thihiéusdF » — F a duoc goilatichphancua f x tra dén » vaki hiéu 1a
ff xdx=F x| =Fb—F a.

2.T1nhchat
. ff x dx=0.

'}fxdxz—]fxdx.

b b
. fkf P dx:/eff x dx [% 12 hing s6].

a
b

'Lﬂij:gx}dx:]\fxdx:&:]‘gxdx.

a

b c b
-ffxdxszxdx+ffxdx.
b
Chuy: Tich phan f f x dx chi phu thudc vao ham £ va cic cin q, & ma khong phu thudc vao bién

s6 x, tac la jfxdxz}ftdt.

Cau 1. Cho ham sd f x lién tuc trén doan a;b . Hiy chon ménh dé sai du6i day:

A. jfxdxz—]fxdx. B. ]k.dxzk b—a ,VEER.
a b a

C. }fxdxz}fxdx—k]\fxdx vOl ce a;b . D. ]fxdx:]fxdx.
a a c a b

Cau2 Néu f1 =12, f'x liéntucva [ f' x dr=17.Gidtricua f 4 bing
A. 29. B.5. C. 19. D. 9.
5 2
Cau3.Cho [ f x dx=10.Khido [[2—4f x |dx bang
2 5

A. 32 B. 34. C. 36. D. 40.
Cau 4. Cho I x)dx =2 va '[g x)dx =5 khi do J[f 2g(x) Jdx bing
A. —3. B.12. C. -8. D. 1.

3 4 4
Cau 5. Cho biét ff x dx:—z,ff x dx:3,fgx dx:7.Khéngdinhnéosaudéylésai?
1 1 1
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4 4 3 4
A. ffx+gx —10. B. ffxdle. C. ffxdx:—s. D. f[4fx—2gx]dx=—2.
1 3 4 1

2 2
Cau 6. Cho biét A:fpf x +2g x Jdx=1Vva B:f[Zf x —g x |dr=-3. Gid tri ciia ff x dx bang
1 1

A 1. B. 2. c. -2, D. L.
7 2
3 3 .
Cau7.C jf(x)dx 5. Tinh | = [[f(x)+2sinx]dx.A. I =7 B | =5+ C.1=3 D. | =5+7x
0 0
2 . 2 1
. =In2. B. =In2. C. In2. D. 2In2.
) 3 3
2
Cau 9. Tichphan [ bingA . B.log>. C.In2.  D.=.
) X+3 225 3 3 15
2
Cau 10. Biét | :I ax :\/g—\/B—C v6i a, b, ¢ 1a cac sé nguyén duong. Tinh P=a+b+c.
L (x+1)Vx +xd/x+1
A P=24. B. P=12. C. P=18. D. P=46.

a 7,: \ r A cA 2\ 7 7 A 5
A V01 a, b 1a céc sO tu nhién va udc chung 16n nhat cua

a, b bang 1. Chon khang dinh sai trong céc khang dinh sau:

A. 3a-b<12. B. a+20=13. C.a-b>2. D. & +0v* =41.
0
Céau 12. Két qua cua tich phan f 2 1]dx duoc viet dudi dang a +5In2 véi a, b Q. Khi do a+5 bang
x_
-1
Al B o c.2. D. -2
2 2 2 2

Cau 13. Biét rang f x—+3dx —aln2+b voi a, beQ.Chon khang dinh sai trong cic khang dinh sau:

A. a<5. B. 5>4. C. @& +b>50. D. a+b<1.
Loai @. TINH TiCH PHAN = PHUONG PHAP TiCH PHAN TUNG PHAN
2. Phwong phap tich phan tung phan
Cho hai ham sb « va v lién tuc trén a;» va c6 dao ham lién tuc trén a;b .

Khi dé6: judv =uy b fjvdu.

a a a

Mot s6 tich phan cac ham sb dé phat hién « va dv

g . |lu= ln[g x }
Dang 1 ffxln[gxhx Dat G f x dx
u=f x
8 sinax < sin ax
bat
Dang 2 ff X |cosax ¢ dv =|cosax|dx
e” e~
sinax
U=
Dang 3 ]e”" sinax bat cosax
cosax dv = e™dyx
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2
Cau 1. Tinh tich phan 7 = f Intdz. Chon khang dinh sai?
1

A I=2In2-1. B. n2. C. In4—1ogl0. D. Inde.

e
Cau 2. Biét zthl_zxdx:%%lnz.(}ié trj clia ¢ bang
X
1

A. 2. B. n2. C. 4. D. 8.

3
Cau 3. Két qua cua tich phan 7= fln x> —x dx dugc viet & dang I =aln3 -5 vOi a, b 1a cac sO nguyén. Khi do
2

a—b nhan gia tri nao sau day?
A —1. B.o. C.1. D. 2.

e 2
Cau 4. Tinh tich phan 7= [ xInxdx. A, 1:%. B. -2

1

2 2
Ccor=¢tl p oot
2 4 4

e
CAu 5. Cho j (2+xInx)dx = ae* +be+c véi a,b,cla cac s6 hitu ti. Ménh dé nao sau dy ding?
1

A. a+b=—c. B. a+b=c. C.a-b=c. D.a-b=-c.

1

Cau 6. Két qua cua tich phan 7 = fxln 2+x° dx dugcviet 0 dang I =aln3+bIn2+c VOi a, b, ¢ 1a cac sO hiru ti.
0

Hoi tong a+ b+ ¢ bang bao nhiéu?

A. 0. B. 1. C. D. 2.

N | W

1
Céau 7. Két qua tich phan 1 = f 2x+3 e*dx dugc viet dudidang I =ae+b VOi a, b€ Q. Khang dinh nao sau day la
0

dang?
A. . a—b=2. B. &*+5°=28. C. ab=3. D. a+26=1.

.
Cau 8. Tinh tich phan szxsiandx.
0

A I=1. B./=Z, C.I1=-. D.1=3.
2 4 4

T %] _1. Khing dinh ndo sau day 13 sai?

2
Cau 9. Két qua cua tich phan f 2x—1-sinx dx dugc viét & dang = .
0
A. a+2b=8. B.a+b=5. C. 2a-3=2. D.a-b=2.
Loai @. TINH DIEN TiCH HINH PHANG
1. Tinh dién tich hinh phing
Pinh li.
Cho ham sb y= £ x lién tuc, khong &m trén doan 4;b . Khi d6 dién tich S cua hinh thang cong

gidi han boi dd thi ham s6 y = f x , truc hoanh va hai duong thfmg x=a, x=>b la:

S:]fxdx. 27
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Bai toan 1. Cho ham s0 y= f x lién tuc trén doan a;» . Khi d6 dién tich § cua hinh

phang D gidihan boi do thi hams6 y = £ x ;truc hoanh Ox [y =0 ] va hai duong thing

b
x=ax=blaS= [|f x|dx. y
[ 7 t o y=s®
Bai toan 2. Di¢n tich hinh phang gi¢i han boi
hai d6 thi y=f x ; y=g x va hai duong duong
théng x=a,x=b la
b
S= f ‘ f x —g x dx. x
ol ¢ b >
CAu 1. Dién tich phan hinh phang gach chéo trong hinh v& bén dugc tinh theo conlg thirc nao dudi day?

y

y=x"-2x-1
2/

/1\{)( x
y=-—x*+3

A. j(2x2—2x—4)dx. B. j(—2x+2)dx. C. '|2-(2x—2)dx. D. j(—2x2+2x+4)dx.
-1 -1 -1 -1

Cau 2. Dién tich ctia hinh phang giéi han boi db thi hai ham sb y =x® +2x VA y=3x> dugc tinh theo cong thic:

2 1 2

A. S:f x* —3x% +2x dx. B. S:f X —3x% +2x dx—f x*—3x” +2x dx.
0 0 1
2 1 2
C. f —x* 4+ 3x* —2x dx. D. S:f 2 —3x% +2x dx+f x* —3x% +2x dx.
0 0 1
Cau 3. Dién tich ctia hinh phang giéi han boi db thi hai ham sb y=x*+2 va y=3x la
A s—2. B. 5—3. c.s=1. D.s—1.
2 6
Cau 4. Tinh dién tich hinh phang gi¢i han boi d6 thi ham s6 y = x* —x va do thi ham s6 y = x —x°.
A s=37 B.s—2 c.s=3L D. 5—13.
12 4 12

Cau 5. Goi S 1a dién tich hinh phang gidi han boi cac duong y=¢e*, y=0, x=0, x=2. Ménh d nao dudi
day dang?

A. SZﬂjezde. B. sziede. C. sznfede. D. szje“dx.
0 0 0 0

CAu 6. Goi S 1a dién tich cua hinh phang gidi han boi cac duong y=2*, y=0, x=0, x=2. Ménh dé nao
dudi day dang?

A S=j.2xdx. B. S=7Z'j.22XdX. C. S=j.22xdx. D. Szirjz.Zde.
0 0 0 0

Céu 7. Cho (H ) 14 hinh phang gidi han boi parabol y = V3%, cung tron c6 phuong trinh y =+/4—x> [véi
0 < x<2] va truc hoanh [phan t6 ddm trong hinh v&]. Dién tich cua (H) bang
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y
2
0] 2 X

PN AREY g 43 c 4233 5321

12 6 6 3
Cau 8. Goi s la di¢n tich hinh phang gidi han boi cac duong y= e+1 x VA y= 14+¢* x.Giatri S cantim la
A s=¢12 B.s=% C.s—2 D.s=°2
' 2 ' 2 ' 2 ' 4

Loai ©. TINH THE TiCH VAT TRON XOAY
2. Tinh thé tich khéi tron xoay
a] Tinh thé tich cia vat thé
Pinh Ii.
Cat mot vat thé ¢ boi hai mat phéng P va Q vudng goc voi truc Ox lanluottai x=a, x=56 a<b

. M6t mat phang bat ki vudng goc voi Ox tai diém x a<x<b cat ¢ theo mot thiét dién c6 dién tich
S x .Giasir S x 1a ham lién tuc trén doan a;b . Khi d6 thé tich cua vat thé ¢ gidi han boi hai mat

b
phing P va Q duoc tinh theo cong thirc V = f S x dx.

b] Tinh thé tich viy tron xoay

Bai toan 1. Tinh thé tich vat thé tron 47
xoay khi quay mién D dugc gidi han boi
cac duong y=f x;y=0; x=a, x=0b

quanh truc Ox dugc tinh theo cong thic
b

V:wfﬁ x dx.

a

Cha y: Néu hinh phang D duogc gidi han béi cac dudng y=f x ; y=g x vahaiduong x=a;x =5
[Véi f x ¢ x >0, Vxe a;b ] thi thé tich khdi tron xoay sinh boi khi quay D quanh truc Ox dugc tinh

b
bdi cong thirc V:Wf‘fz x —g° «x ‘dx

Bai toan 2. Tinh thé tich khdi tron xoay sinh ra khi quay hinh phang D giéi
han bdi cac duong x =g y , truc tung va hai duong y =4, y=5 quanh truc Oy
duogc tinh theo cong thue

V:W]gz y dy.

Cau 1: Viét Ki hiéu A 13 hinh phing gi6i han bai d6 thi ham sb y =2 x—1 ¢*, truc tung va truc hoanh. Tinh
thé tich ¥ cta khéi tron xoay thu dwgc khi quay hinh H xung quanh truc Ox.
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A V=4-2c B.V=4-2¢n. C.V=¢-5. D.v=¢-5m

Cau 2. Cho hinh phing (H) gi6i han bai cac duong y=x>+3,y=0,x=0,x=2. Goi V la thé tich cua khdi
tron xoay duoc tao thanh khi quay (H) xung quanh truc Ox . Ménh dé nao duéi day dang?

A.V=j(x2+3)dx. B.V=7r_2[(x2+3)dx. C.V=i(x2+3)2dx. D.V=;zf(x2+3)2dx
0 0 0 0

CAu 3. Thé tich cua phan vat thé gidi han boi hai mit phang x =0 VA x =3, c6 thiét dién bi cat boi mit phang
vuong goc vai truc Ox tai diém c¢6 hoanh d0 x 0<x <3 la mdt hinh chit nhat c6 hai kich thudc bang x va
2J9—x* ,bang:A. ¥=3. B.v=18. C.v=20  D.v=22.

CAu 4. Cho hinh phang D gi6i han boi dudng cong y =+/2+C0s X , truc hoanh va cac duong thang x =0, X =

Khdi tron xoay tao thanh khi quay D quanh truc hoanh co thé tich V bang bao nhiéu?

AV=r-1 B.V=x-)x C.V=x+)r D.V=x+1
Cau 5 Hinh phang ¢ gidi han boi cac duong y = x> +1, truc tung va tiép tuyén ctia d6 thi ham sd y=x>+1 tai
diém 1;2 , khi quay quanh truc Ox tao thanh khéi tron xoay c6 thé tich bang

A. V:éw. B. V:ﬁw. C. V:EW. D.v=nm
5 15 15
Cau 6. Khoi tron xoay tao nén khi ta quay quanh truc Ox hinh phang D gidi han bdi dothi P :y=2x—x" va
truc Ox s€ co thé tich 1a:A. V:lé—w. B. V:&. C. V:IZ—W. D. V:4—7T.
15 15 15 15

Cau 7. The tich cua khoi tron xoay tao nén khi quay quanh truc Ox hinh phang giéi han bdi C :y=Inx, truc
Ox va duong thang x=e¢ la

A V=re-2. B.V=ne-1. C. V=re D.V=ne+1.

CHU DE 17. SO PHUC

KIEN THUC CO BAN
1. Dinh nghia.
e Ponviio:S6i mai?=-1 dugc goila don vi 40.
e Sophtic z=a+bi véi a,beR. Goi a la phan thuc, b 14 phan 4o cua sé phic z.
e Taps6phic C={a+bi/a,beR;i®=-1}. Tapsé thuc R Iatap con ciia tap s6 phic C.

. . ) . a=c .
e Hai so phac bang nhau: a+b|:c+d|<:>{ véi a,b,c,deR.

. Dbic biét:
¢ Khiphanao b=0<z=aeR <z laso thuc,
+ Khi phan thuc a=0<« z =bi < z la so6 thuan ao,
+ S6 0=0+0i vira la so thyc, vira la s6 4o.
2. Médun cia so phwaC.
e |z|=|a+bi|]=+a’+b? duoc goi la mddun cua sé phuc z.
e Kétqua: VzeC taco:
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3.

4.

Cau 1.

Céau 2.

Cau 3.

Céau 4.
Cau 5.

Cau 6.
Cau7.

TRUONG THPT LE HONG PHONG-TAI LIEU LUYEN THI MON TOAN LOP 12
> 0;|z|=0z= 0;‘22‘ = |z|2

|2,.2,| = z.].|z,]
a|_[z
Z,| |z,]

S6 phirc lién hep.
e Cho sé phtuc z=a+bi. Tagoi sé phtc liénhop cua z 1a z=a—bi.
e Keétqua: VzeC taco:

E:z;‘z‘:|z| 2,+2,=2,%1,

—= 2| z

— 1] _ "
2,2, =1,.2, [—j ==L
z,) 1z,

z lasdthuc ©z=1z

z laséthuin o < z=-2
Phép toén trén tap sé phic:
Cho hai s6 phuc z, =a+bi va z, =c+di thi:

e Phép cong sé phirc: z,+2, =(a+c)+(b+d)i

e Phép trirso phirc: z, -z, =(a—c)+(b—d)i

= Moi s6 phic z=a+bi thi s ddicua z 1a —z=-a-bi:z+(-z)=(-2)+z=0
e Phép nhan sé phiic: 2.z, =(ab—bd ) +(ad +bc)i

e Phép chia sé phiic:

+ S phic nghich dao cua z=a+bi#0: 1:%:%.2
z |/ a’+b
o L_n% _acibd be-ad i g, 20).
z, |z, ¢ +d” c"+d
BAI TAP :

Cong thire mddun cua s6 phicc z=a+bi véi a,beR 12

A. |z]=Va+b. B. |z]=a%+b’. C. |z|:,/a2+(bi)2 . D.|z|=+va*+b’
S6 phuc lién hop cua z=a+bi 1a:

A. z=a-hi B. z=-a+Dhi C. z=-a-bhi D. z=a+hi
Tim ménh dé sai trong cac ménh dé sau: q q

A. S6 phitic z=a+bi duoc biéu dién bang diém M (a;b) trong mat phang phac Oxy

B. Sé phirc z =a+bi c6 mddun 14 |z|=+/a® +b’

a=0

b=0

D. S phuc z=a+hi c6 sé phic lién hop 12 z =—a+bi
S6 phtc z=-3+4i c6 phan thuc la:A. -3 B. 4
S6 phiac z=-3+4i c6 phan ao la:A. -3 B. 4
Sé phic z=-3+4i c6 modul |z| la:A. -3 B. 4
S6 phuc lién hop cua z=1-3i Ia:

C. Sé phirc z:a+bi:0<:>{

000
o1 O1 O1
O oo
(S S =
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A. z=3-i. B.z=-1+3i. C.z=1+3i. D. z=-1-3i.
Cau8. Chosd phiac z=6+7i.Sd phuc z co diém biéu dién la:
A. 6,7 B. 6,—7 C. —6;7 D. —6;,—7
Cau9. Diém M (-13) la diém bicu dién cua sé phic
A z=-1+3i. B.z=1-3i. C.z=2i. D.z=2.
Cau 10. Cho s6 phircz =6+ 7i. S6 phirc lién hop cia z co diém biéu dién la:
A. 6,7 B. 6,—7 C. —6;7 D. —6;,—7
Cau 11. Cho sb phirc z =3+4i. Khing dinh nao sau ddy 1a khang dinh sai?
A. Diém biéu dién cua z 1a M (4;3). B. Modun ctia s6 phuc z 13 5.
C. S6 phuc dbi cua z 1a —3—4i. D. S6 phuc lién hop cua z 1a 3—-4i.
Cau 12. Cho hai sb phircc z, =1+2i;z, = 2-3i. Téng cua hai s6 phuc la
A. 3 — 5i B.3 -1 C.3+ i D.3 + 5i
Cau 13. Cho hai s6 phuac z, =1+2i;z, = 2—3i . Phan 4o caa sb phuc 3z, — 2z, la:
A. -12 B. 12 C. 12i D. —12i
Cau 14. Cho sé phic z=(1-6i)—(2—4i). Phan thuc, phan ao cua z lan luot la
A -1-2. B.12. C.2;1. D.-2;1.
Cau 15. Phén thyc ciia z=(2+3i)i 1aA. -3. B.2. C.3. D.-2.
Cau 16. Cho hai s6 phac z, =1+i va z, =—5+2i . Tinh modun cua s6 phic z,+2, .
A.5. B. 5. C. 7. D. /7.
Cau 17. Cho sé phtic z=2+5i. Tim sé phicc w=iz+2z.
A w=7-3i. B. w=-3-3i. C. w=3+3i. D. w=—7-Ti.
Cau 18. Cho sé phuc z=(3-2i)(1+i)". Modun ciia w=iz+2z Ia
A. 2. B. 24/2. C.1. D. 2.
Cau 19. Cho sb phiac z=(2+i)(1—i)+1+3i. Tinh modun cua z.
A 42 B. V13. C. 2V2. D. 24/5.
Cau 20. Phan thyc, phan 4o cua sé phuc z thoa man 2:1—52_—3i lan luot 12
—2i
A. 11 B.1-2. C.12. D. 1;-1.
Cau 21. Tim s6 phuc z thoa méan: 7 Z3i =2+3i
A. 2=17 +6i B. z=17-6i C. Z:_—1+Ei D. Z:_—l—gi
25 25 25 25
Cau22. Cho z=5-3i.Tinh %(z—i) ta duoc két qua 1A, 3 B.0 C.-3 D. —6i
i
Cau 23. S phitc z thoa man: (L+i)z + (2—3i)(1+ 2i) = 7 +3i Ia:
A.z:ﬂ B.z:l;I C.z:ﬂ D.z:ll'.
2 2 2 2
Cau 24. Cho sé phuc z théa man diéu kién (2+i)z+i;! =5—i. Modun cua so phirc w=1+2z+2°c6 gia tri
+i
laA. 10. B. -10. C. 100. D. -100.
Cau 25. Cho sb phic z théa man diéu kién: (1+i)z—1—3i =0. Phan ao cua s6 phirc w=1-iz+z la
Al B. -3. C. 2. D. -1.
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Cau 26.

Cau 27.

Céu 28.

Céu 29.

Cau 30.

Cau 31.

Céau 32.
Céau 33.
Céu 34.

Céu 35.

Cau 36.

Cau 37.

Cau 38.

Cau 39.

Cau 40.

Céau 41.

Cau 42.

TRUONG THPT LE HONG PHONG-TAI LIEU LUYEN THI MON TOAN LOP 12
S6 phirc z théa man: z—(2+3i)z=1-9i la

A 2+i. B. -2-i. C. -3-i. D. 2—i
Tim md dun cua sé phic z thoa man: (1-2i)z+i)+4i(i-1)=7-21
A |z|=5 B. |7=243 C.|z|=9 D. |2|=3V7
X , , - Y . n . . . ~ , Z , E—ZZ+1 \
Cho s6 phuc z théa man dicu kién (1+i)(z—1i)+2z = 2i. Mddun cua so phirc w = — la:
A 5 B. 25. C. 242. D. J10.
Cho sé phirc z thoa (1+i)” (2—i)z=8+i+(1+2i)z. Phan thyc ciia sé phirc z I:
A. -3 B.3 C. -2 D. 2
Cho s phtc z, thoa man diéu kign (3+2i)z+(2—i)* =4+i. Phin a0 cua s6 phuc w= (1+2)z Ia;
A —i B. 2 C. -1 D. 3
Cho s6 phic z thoa man: 3z +2z =(4-i)*. Mddun cua s6 phuc z 12
A. -T73. B. —/73. C.73. D. \/73.
Tim cac can bac hai cua - 9A. 3 B.3 C.3i D. £3i
Tim céc can bac hai cua - 11A. ++/11 B. £11i C.+J-11  D. i1

Goi A,B,C lan luogt 1a cac diém biéu dién cho cac s phac 2, = —1+3i;z, = -3-2i;z, = 4+i
Chon két luan dang nhat:

A. Tam giac ABC céan. B. Tam giac ABC vubng can.

C. Tam giac ABC vuong. D. Tam giac ABC déu.

Tim cap s6 thuc x, y thoa man: x + yi = 2+ 3i

A x=2,y=3 B. x=3,y=2 C. x=y=0 D.x:—%;y:—é
Tim cap s6 thuc x, y thoa man: x+2y + (2x— y)i = 2X+ y + (X + 2Y)i

1 1 2 1 2

A X=y=—= B. x==;,y== C. x=y=0 D. X=—=;y=—2

Y 2 3 Y 3 Y 3 Y 3

Céc sb thuc x, y thoa man: 3x+y+5xi =2y —1+(x—y)i la

A (X y)=(%:§j B. (x; y)=(—%;$j C. (% y)=(—%;$] D. (x; y)=(—%;—;j

I . < ~ £ hin 134 y o oA (Z_l)(z_l) \
Cho so6 phuc z thoa 1—i+z =2 .56 phtrc lién hop cua so phuc w=———~ la
- z+2i
A _z_li B _Z+li C Z_l,- D 14_11’
55 55 55 55
Goi 7. 7, 1a hai nghiém phuc ctia phuong trinh 2z° +4z+3=0. Gia tri cua biéu thirc |z,|+]z,| bang
A2 B. 3 C. 243 D. V6
. N . 2 . 2 2
Goi 7,2, la nghiém phuong trinh: 2°+22+10=0.Khi do A=z, +1| +|z, +1] I
A. 18 B. 20 C.8 D.6
Tap hop nhimg diém biéu di&n sé phuc z thoa | = ‘z—3+4i‘ la
A. Buong tron B. Elip C. buong thang D. Parabol
Tap hop nhig diém biéu dién sé phic z thoa |z—i|=3 Ia
A. Buong tron B. Elip C. Puong thing D. Parabol
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Cau 43. Trong mt phang phic, tap hop diém biéu dién cho s6 phic z théa |z+3-2i|=4 la

A. Buong tron tam | (—3;2), ban kinh r =4 B. Buong tron tam 1(-3;2), ban kinh r =16

C. Duong tron tam 1(3;-2), ban kinh r =4 D. Buong tron tam 1 (3;-2), ban kinh r =16
Cau 44. Tim tap hop cic diém z théa man diéu kign: |z —-1+i| =2:

A (X+D*+(y+D)*=4.B. (x-D*+(y+1)*=4.C. (x-1)*+(y-1*=4.D. (x+1)°+(y-1)*=4.
Cau 45. Tap hop diém bicu dién s6 phiic z thoa man |2+ 2| =i — z| 1a duong thiang c6 phuong trinh:

A. 4x+2y+3=0 B. 4x-2y+3=0 C. -4x+2y+3=0 D. 4x+2y-3=0
Cau 46: Tap hop diém biéu din sé phic z thoa man |z +i|= \E+ 2\ 1a duong thing c6 phuong trinh :

A. 4x+2y+3=0 B. 4x-2y+3=0 C. —4x+2y+3=0 D. 4x+2y-3=0
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. PHAN II: HINH HOC .
ON TAP HINH THI THPT THEO PE MINH HOA 2023

THE TICH KHOI CHOP — KHOI LANG TRU

1. Thé tich khoi chép |V 1-S chiéu cao| = %-S

chép = g

d dinh; mat phang ddy

day* day*

2. Thé tich khdi ling tru |V

lang tru

. Thé tich khéi 1ap phuong [V = a*] + Thé tich khéi hop chit nhat
]

= S§,44,- chiCu cao

3. Ti s6 thé tich q ‘
« Cho khoi chop S.ABC, trén cac doan thang SA, SB, SC lan
luot

lay cac diém A’, B’, C' khac S. Khi d6 ta ludn co ti sb thé tich:
Vi vger  SA ‘ SB’ _ SC’"

V, e SA SB SC

S.ABC
« Ngoai nhitng cach tinh thé tich trén, ta con phuong phép chia nhod
khéi da dién thanh nhimng da dién nho ma dé dang tinh toan. Sau d6
cong lai.

. Ta thuong dung ti s thé tich khi diém chia doan theo ti 1¢.

Minh hoa 2023: Cho khoéi lap phuong c6 canh bing 2. Thé tich ctia khéi lap phuong da cho bing

A. 6. B. 8. c 8. D. 4

3

Céc bai tap tuwong tu
Cau l. Thé tich khoi lang tru ¢6 dién tich day B va c6 chiéu cao h la
4 1

A. Bh. B.gBh. C.§Bh. D. 3Bh.

Cau2. Cho khbi lap phuong co canh bang 6. Thé tich ctia khdi 1ap phuong di cho bang
A. 216. B. 18. C. 36. D. 72.

Cau3. Cho khéi hop chir nhat c6 3 kich thude 3;4;5. Thé tich cua khdi hop da cho bing?
A. 10. B. 20. C.12. D. 60.

Cau4.  Cho khdi hop hinh chir nhat ¢6 ba kich thuée 2; 4; 6 . Thé tich ctia khdi hop da cho bang
A. 16. B.12. C. 48. D. 8.

Cau5.  Cho khdi ling tru c6 dién tich day B =3 va chiéu cao h=2. Thé tich ctia khéi ling tru da cho bang
Al B. 3. C.2. D. 6.

Cau 6.  Cho khdi chop co dién tich ddy B =3 va chidu cao h=4. Thé tich ctia kh6i chép da cho bang
A. 6. B.12. C. 36. D. 4.

Cau7.  Cho khdi chop c6 dién tich ddy B =6 va chiéu cao h=2. Thé tich ctia khdi chép da cho bang:
A. 6. B. 3. C. 4. D. 12,

Cau 8.  Cho khdi chép c6 dién tich day B =3 va chiéu cao h=2. Thé tich khbi chop di cho bang
A 6. B.12. C.2. D. 3.
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Cau 9.  Cho khdi chop co dién tich diay B =6a’ va chiéu cao h=2a. Thé tich khdi chop da cho bang:
A. 2a°. B. 4a°. C. 6a°. D. 12a°.

Minh hoa 2023: Cho khéi chép S.ABC c6 day 13 tam giac vuong can tai A, AB=2; SA
vuong goc véi day va SA=3 (tham khéo hinh vé).Thé tich khéi chép da cho bang
A. 12, B. 2. C. 6.
D. 4.

Cac bai tap tuong tu
Caul. Cho hinh chop tir gidc S.ABCD c6 day ABCD 1a hinh vuéng canh a, canh bén SA &

vuéng gbc voi mit phang day va SA= a2 . Tinh thé tich V ciia khdi chop S.ABCD

3 3 3
A.V:‘/za B.V:‘/ia C.V =2a° D.V:‘Ea

Cau 2.  Cho khéi chop S.ABC c6 SA vudng goc véi day, SA=4, AB=6, BC=10 va CA=8. Tinh thé
tich V cua khdi chép S.ABC.
A V=32 B. V=192 C. V=40 D. V=24

Cau 3.  Cho hinh chép tr gidc S.ABCD c6 day ABCD la hinh vudng canh a, canh bén SA vudng goc vdi mat

phing ddy va SA=+/2a. Tinh thé tich khéi chép S.ABCD.

3 3 3
A. */ia B. */ia C. J2a° D. \/ga

Cau 4. Chohinhchép S.ABC c6 day la tam giac déu canh a, canh bén SA vudng goc véi day va thé tich caa
3

khdi chop d6 bing % . Tinh canh bén SA.

A # B. ﬂ. C. a3, D. 2a43.

3
Cau5.  (Cho tir dién ABCD cO AD vudng goc véi mit phang (ABC) biét ddy ABC la tam gidc vudng tai B
va AD =10, AB =10, BC =24 . Tinh thé tich cua t& dién ABCD.

A.V =1200 B. V=960 C. V=400 D.V:%

Cau 6. Chohinhchdp S.ABC c6 canh bén SA vudng goc véi mit phang day (ABC). Biét SA=a, tam giac
ABC 1a tam giac vudng can tai A, AB=2a. Tinhtheo a thé tich V cuia khbi chop S.ABC.
Av-2 B.v-2 cov-2 D.V =2a’.

6 2 3

CAu 7. Cho khéi chép S.ABC c6 day ABC la tam giac vudng tai B, AB=a, AC =2a,SA L (ABC) va SA=a

. Thé tich ctia khdi chop da cho bang

3 3 3 3
NS g &3 c. 2. D. 22
3 6 3 3

Cau 8. Cho khéi ling tru dimg ABC.A'B'C’ ¢6 déay 1a tam giac déu canh a va AA'=2a .

(minh hoa nhu hinh v& bén). Thé tich cua khdi lang try da cho bang

3 3 3 B
A V3 g, Vo' C. J3a’. b, Y3
2 6 3
Cau 10. Tinh thé tich V ctia khéi 1ap phuong ABCD.AB'C'D’, biét AC'=a/3. 4N
3
AV =a B.V:3‘/§a C.V =3J3a° D.V:%a3 %

45



TRUONG THPT LE HONG PHONG-TAI LIEU LUYEN THI MON TOAN LOP 12
Cau 11. Cho khdi lang tru dimg ABC.A'B'C’c6 B'C =3a, diy ABC la tam giic vudng can tai B va AC = a2
. Tinh thé tich V cua khoi lang tru dung ABC.A'B'C’.

3 3
AV =2a°, B. V =+/2a°. C.V=‘/§a . D.V=_2_.
3 NA

Cau 12. Cho hinh ling try dimg ABC.A’B’C’ ¢6 day ABC la tam giac vuong tai A, biét AB=a, AC =2a
va A’B =3a. Tinh thé tich ciia khdi lang try ABC.A'B'C’.

3 3
A. Z‘Ea . B. \/ia . C. J5a’. D. 24/28°.

Cau 13. (Gia Lai 2019) Cho hinh ling tru dimg ABCD.A’B'C'D’ ¢6 ddy ABCD la hinh chit nhat, AB=a,

AD = a+/2 , AB’=a./5 (tham khao hinh v&). Tinh theo athé tich V cua khdi lang try da cho.
D' Cf

A
3
AV =a2. B.V =2a%J2. C.V =a\10. D.V:2a3\/§.

Minh hoa 2023: Cho khéi lang tru ding ABC.A'B'C’ c¢6 day ABC la tam giac vuong cantai B, AB=a.
Biét khoang cach tit A dén mit phing (A'BC) bing ?a , thé tich khéi lang tru da cho bing

A. %af B. gaf C. J2a. D. ga?

Cac bai tap twong tw

Caul. Cho hinh chép S.ABCD c6 day ABCD 1a hinh thang vudng tai A va B, BC =%AD =a. Tam giac

SAB déu va nam trong mit phing vudng goc voi day, goc gitta SC va mit phang (ABCD) bang a sao cho

tana = g . Tinh thé tich kh6i chép S.ACD theo a.
a’ a’ a*\2 a’\3
A. VS.ACD = ? B. VS.ACD = ? C. VS.ACD :T- Q'-VS.ACD =2

Cau 2. Cho hinh chop tir gidc S.ABCD c6 day ABCD la hinh vudng canh biang ~/2a. Tam gi4c SAD cén tai
, o . . 4
S va mat bén ( SAD) vudng goc vGi mit phang day. Biét thé tich khoi chop S.ABCD bang §a3. Tinh khoang

cach h tir B dén mit phing (SCD).

A.hzﬂa B.h=§a C.h=&a D.h=ﬁa
- 3 2 5 3

Céu 3. Cho hinh chép S.ABCD c6 ddy ABCD la hinh vudng va tam giac SAB déu nam trong mit phing
vudng goc voi day. Biét khoang cach giira hai duong thing SA va BD bang J21. Hay cho biét canh day bang
bao nhiéu?
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A. 21

Cau 4.

C. 73

B. 21

D..7

Cho hinh chép S.ABC c6 day ABC la tam giac déu canh a. Hinh chiéu vuéng goc cua S trén day l1a

diém H trén canh AC sao cho AH :éAC; mat phang (SBC) tao véi ddy mot goc 60°. Thé tich khéi chdp

S.ABC 1a?
a’\3

12

A

Céau 5.

3 3
Ba‘/§ c.a*/é

=" 48 36

a’\3

24

D.

SA. Khoang céach tir A dén mat phang (MBC) bang 67a. Tinh thé tich V caa khi chop S.ABC.

Cho hinh chép S.ABC c6 day la tam giac déu canh a. SAB = SCB =90°. Goi M la trung diém cua

3 3 3 3
PVECLN B. _ 53 c.v A p, V3
12 r 1 6 3 N 6 2 r 2
Cau 6. Cho khoi lang tru déu ABC.A'B'C"' c6 canh day bang a. Khoang cach tir diem A' dén mat phang
(AB'C') bang 283 . Thé tich cua khdi lang tru da cho 1a
J19
3 3 3 3
NERE g &3 g._a*/é p. 3
4 6 2 2
Cau7. Cholangtru ABC.A'B'C' c6ddy ABC latam gidc vudng tai B, duong cao BH . Biét A'H L (ABC)
va AB =1, AC =2, AA'=+/2 . Thé tich ctia khdi lang tru da cho bing
RS p. I7. c ¥4 p. 37
12 4 - 4 4
KHOI TRON XOAY
MAT NON CAc yéu to mit non: M@t s cong thire:

h thanh: Quay A vudng SOM
quanh truc SO, ta dugc mat
non nhu hinh bén voi:

h=S0
r=0M’

| Puwong cao: . (SO
cling dugc goi 1a truc cta hinh
non).

1 Ban kinh day:
[r=OA=0B=0M|.

] Puwong sinh:
[l=SA=SB=SM|.

1 Goc ¢ dinh:

] Thiét dién qua truc: ASAB cén
tai S.

] GOc gitra dwong sinh va mit

day: | [540 = 58O - s:0|

] Chu vi day: .

[ Dién tich day:

2
Sy =nre|.

\Y/ zlh.Sd :lh.m‘2 :
3 3

] Thé tich:

riong dén thé tich khoi chdp).

1 Dién tich xung quanh:

Syq =7l

] Dién tich toan phan:

Sp =S.q + S, =7rl+7r?|

MAT TRU

Céc yéu to mit tru:

Mot s6 cong thirc:
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(A)

* DPwong cao: .

» Puong sinh: || = AD=BC|. Ta
co: || =h.

= Ban kinh day:
[r=0A=0B=0'C=0D|.

* Truc (A) 1a duong thang di qua
hai diem O, O'".

= Thiét di¢n qua truc: La hinh chit [ |S,
nhat ABCD.

= Chu vi day:|p = 27|

= Dién tich day:

2
Sy =nmro|.

= Thé tich khéi tru:

V =hS, =hxr?|.
Syq =27xr.h|.

= Dién tich xung quanh:

= Dién tich toan phén:
= qu +2S, = 27r.h + 27nr?|.

@ Hinh thanh: Quay hinh chir
nhat ABCD quanh duong trung
binh OO’ ta ¢6 mit tru nhu
hinh bén.

Mt cAu ngoai tiép da dién

MAT CAU Mot so cong thire: NatCammgilticpldaidion

=Tam 1, ban kinh
R=IA=IB=1IM.

*Puong kinh AB=2R.

= Thiét dién qua tam mat cau: La
duong tron tam |, ban kinh R..

@ Hinh thanh: Quay duong

AB

tron tam | , ban kinh R =7

quanh tryc AB, ta c6 mat cau

nhu hinh vé.

= Dién tich mit ciu: .

= Theé tich khoi cau:

V =

47R?
3 |

Mt cAu ngoai
tiép da dién 13 mat
cau di qua tat ca
dinh cta da di¢n
do.

Mait ciu ndi tiép
da dién 1a mit cau
tiép xuc voi tat ca
cac mat cua da
dién do.

Minh hoa 2023: Cho mit phéng (P) tiép xiic v6i mat cau S(O;R). Goi d 1a khoang cach tit O dén (P)

. Khang dinh nao duéi day dang?

A. d<R. B. d>R. C. d=R. D. d=0.

Minh hoa 2023: Cho hinh nén ¢6 duong kinh day 2r va do dai duong sinh |. Dién tich xung quanh ctia

hinh nén da cho bang  A. 2zrl. B. %m’l2 : C. zrl. D. %m’zl :

Cac bai tap tuwong tw

Caul. Dién tich xung quanh ciia hinh nén c6 d6 dai duong sinh | va ban kinh day r bang
A. 4rrl. B. 27rl. C. zrl. D. %zrl .

Cau 2.  Cho hinh nén c6 ban kinh day r =2 va d6 dai duong sinh | =7. Dién tich xung quanh cua hinh nén
da cho bang
A. 28r. B.14rx. C. 14?7[ D. %Tﬁ

Cau 3. (Cho hinh nén c6 ban kinh day r =2 va d6 dai duong sinh | =5. Dién tich xung quanh ctia hinh nén
da cho bang
A. 20r. B. ZOT” C. 10x. D. ]'OTE
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Céau 5.

Céu 6.

Cau 7.

Céu 8.

Cau 9.

Cau 10.

Céau 11.

Cau 12.

Céau 13.

Céau 14.

Céau 15.

Cau 16.

Cau 17.

Céu 18.
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Dién tich xung quanh ctia hinh non ¢6 d6 dai duong sinh | va ban kinh day r bang

A. 4rrl. B. 2xzrl. C. nrl. D. %ﬁrl )

Cho hinh noén c6 ban kinh ddy r =2 va d6 dai duong sinh | =7. Di¢n tich xung quanh cta hinh non da
cho bang

A. 28r. B.14r. C. 14?7[ D. 9877[

Cho hinh n6én ¢6 ban kinh day r =2 va d¢ dai duong sinh | =5. Dién tich xung quanh cta hinh nén da
cho bang

A. 207 . B. —22” C. 107. D. 1%”.
Thé tich ctia khbi nén c6 chiéu cao h va c6 ban kinh day r 1a
A. 2zr*h. B. %ﬂrzh. C. nr*h. D. gﬂrzh.
Cho khdi nén c6 chiéu cao h =3 va ban kinh ddy r =4. Thé tich ctia khbi nén da cho bang
A. 1672'., B. 48x. - C 367. a - D Ar . ‘
Cho khoi nén ¢6 ban kinh day r =5 va chiéu cao h=2. Thé tich khoi nén da cho bang:

1
A. %. B. 107. C. —52”. D. 507
Dién tich xung quanh cua hinh tru c6 6 dai duong sinh | va ban kinh day r bang

1

A. 4rrl. B. zrl. C. §7Z'r| . D. 2zrl.
Cho hinh tru c6 ban kinh day R =8 va d¢ dai duong sinh | =3. Dién tich xung quanh cua hinh tru da
cho bang:
A. 24r . B. 192x. C. 48r. D. 64r.

Céit mot hinh try bai mot mit phang qua truc cua no, ta dugc thiét dién 12 mot hinh vudng cé canh bang
3a. Tinh dién tich toan phan cua hinh try da cho.

p, L3 g, 2772 C. 9ral. p. 972
6 2 2
Tinh thé tich \V/ cia khéi tru ¢6 ban kinh 7 =4 va chidu cao h =442 .
A V=32n B. V =642n C. V=128 D. V =322x
Thé tich khdi tru c6 ban kinh ddy r =a va chidu cao h=a+/2 bing
A 4za’ 2. B. 7a\/2 . C. 27a’. D. ”a;‘ﬁ.

Cho hinh chir nhat ABCD c6 AB=2BC =2a. Tinh thé tich khdi tron xoay khi quay hinh phang
ABCD quanh truc AD.
A. 4rzad. B. 2za’. C. 8za°. D. za°.
Dién tich ciia mat cau ban kinh R bang:
A. 7R? B. gﬂRz C. 2zR? D. 4zR?
Cho mit cau c6 dién tich bang  16za%. Khi d6, ban kinh mit ciu bang
A. 22a B. \2a C. 2a D. #
Thé tich cua khdi cau ban kinh R bing
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3 4

A. ZﬁRg B. EERS C. 4zR® D. 2zR®

Cau 19. Thé tich khdi cau ban kinh a bang :
A. %af* B. 272’ C. 4’; al D. 4ra’

CAau 20. Cho mat cau ban kinh R ngoai tiép mot hinh lap phuong canh a. Ménh dé nao dudi diy dung?
A.a:@ 5. o= 23R C.a=2R D. a=243R

Cau 21.  Cho hinh hop chir nhat ABCD.A'B'C'D" ¢c6 AB=a, AD=AA'=2a. Di¢n tich cua mat cau ngoai
tiép caa hinh hop chir nhat da cho bang

3ra’ C. 9ra’

4 4

A. 97a® B. D. 3za’®

Minh hoa 2023: Cho khéi nén c6 dinh S, chiéu cao bing 8 va thé tich bang % . Goi A va B 1a hai
diém

thuoc duong tron day sao cho AB =12, khoang cach tit tam clia duong tron day dén mat phang (SAB)
bang

24 5
A. 82, B. = C. 42, D. =.
V2 - C. M2 o

Cac bai tip tuwong tw
Caul. Cho hinh nén c6 ban kinh day bang 4 va goc & dinh bang 60°. Dién tich xung quanh cia hinh nén da

cho bang
A. 64?”. B. 327. C. 64r. D. 32\3@”.

Cau2.  Cho mét hinh nén cé chiéu cao k= a va ban kinh ddy r =2a. Mat phang (P) di qua S cat duong tron
day tai A va B sao cho AB= 2/3a. Tinh khoang cach d tir tim ciia duong tron day dén (P).

J3a 54 24

A d=—-o B.d=— C.d=—- D.d=a
2 5 2

Cau 3. Cho hinh nén dinh S, duong cao SO, A va B 1a hai diém thudc duong tron d4y sao cho khoang cach

a3

tr O dén (SAB) bang =

A. a2 B. a3 C. 2a\3 D. a5

Cau 4.  Cho hinh tru c6 chiéu cao bang 6a. Biét rang khi cat hinh tru di cho boi mot mat phang song song véi
truc va cach truc mot khoang bang 3a, thiét dién thu dugc 12 mot hinh vudng. Thé tich caa khéi tru
duoc gidi han bai hinh tru da cho bang
A. 2167a’. B. 1507a°. C. 54ra’. D. 1087za’.

Cau5.  Cho hinh try c6 chiéu cao bang 8a. Biét hai diém A, C lan luot nam trén hai day thoa AC =10a,
khoang céch giita AC va truc caa hinh tru bang 4a. Thé tich cua khdi tru di cho 1a
A. 1287a°. B. 320za’. C. 80za’. D. 2007a°.

Cau 6. Cho lang try tam giac déu c canh day bang a canh bén bang b . Tinh thé tich cua khéi cau di qua céac
dinh cua lang tru.

va SAO =30°,SAB =60°. P9 dai duong sinh caa hinh nén theo a bang

A1 (4% +30%)’. B. = /(4a?+3?)".

183 183
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T 3 T 3
C. ——.[(4a® +b?) . D. ——./(4a®> +3b?) .
183 ( ) 182 ( )
Cau7. Mot miat cau ngoai tiép hinh hop chit nhat ABCD.A'B'C'D' c¢6 kich thuéc AB =4a,
AD =5a, AA'=3a. Mit ciu trén ¢ ban kinh bing bao nhiéu?

52a

A. = B. 6a. C. 2\/3a. D.#.

HE TRUC TOA PO

1. H¢ truc toa do Oxyz:

= Hé truc gdm ba truc Ox, Oy, Oz ddi mdt vudng goc nhau.

Truc OX: truc hoanh, ¢ vecto don vi i= (L0;0).

-l
|
2
=
—
n

Truc Oy : truc tung, c6 vecto don vi j = (0;10).

: (1:0:0) Truc Oz : truc cao, c6 vecto don vi k= (0;0;1).
O' i~ — Diém O(0;0;0) la gbe toa dd.

2. Toa d§ vecto: Vecto [u=xi+Yy]j+zk < u=(Xy;z)|.

Cho a=(a;a,;a;), b=(b;b,;h,). Taco:

Y 77 =(0:1;0)

= d+b=(a *h;a,+h,; a,+h)

= a cung phuong b <a=kb
- < (ka ka: kay) a cung phuong b <a=kb (keR)

- a, = kby .
o |aTh ola =k o 2=2_-% @ p b0
m ga=pb<=‘{a =b _ b1 bz b3
2 2 a3_kb3
a =b,
- db=ah +a,b, +a.b, « lal=Ja?+a’ +a’ - & =[] =a’+al+al
S _ - ab +ab, +ab
» alboab=0<ab +ab,+ab, =0 = cos(a, b) = = & + 250, + 34D,

allbl a2 a2 +a? b7 + b2 b2

3. Toa dd diém: [M(X; y; z) < OM = (X;y;2)|. Cho A(X,; Y: Z,) » B(Xs; Vei Zs) » C(%e:Ve:Ze), ta co:

= AB=(Xg —Xu; Y5~ YaiZzg —Za) = AB= \/(XB —%,)* + (Yg —Ya)* + (25 = 24)°
= Toa do trung diém M ctia doan thang AB: = Toa do trong tam G cua tam giac ABC:
M (XA—’_XB . yA+yB . ZA+ZBj G(XA+XB+XC . yA+yB+yC ZA+ZB+ZCJ
2 2 2 3 3 R
QUY TAC CHIEU PAC BIET
Chiéu diém trén truc toa dd Chiéu diém trén mit phing toa do
* Piém M(xM;yM;zM)%MI(xM;O;O) = Piém M(xM;yM;zM)%MI(xM;yM;O)
= biém M(x,;y,;:2,) (gffﬁgii‘lfi) M,(0;y,,;0) = biém M(x,;y,:2,) (;}Zil;x:noyyzz) M,(0;y,,32,,)
* Piém M(xM;yM;zM)%MS(O;O;ZM) = Piém M(xM;yM;zM)%Mb,(xM;O;ZM)
Péi xirng diém qua truc toa d Péi xirng diém qua mit phang toa do
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. . Déi xting qua Ox . .
M(xM ’yM ’ZM) (Gi@ nguyén x; déi ddu y,z) Ml (xM’ yM’ ZM)

- . . Doi xiing qua Oxy . .
L] M(xM’yM’ZM) (Giit nguyen x, y; doi ddu z) Ml (xM’yM’ ZM)

Poi xting qua Oxz
(Giit nguyén x,z; doi ddu y)

- M(xM;yM;ZM) MZ(xM;_yM;ZM)
Poi xting qua Oyz
ing g M,(—x

. D6i xing qua O
M(x,55,,32,) e o M,(—x Y iz )
YRy

a2 . g
(Git nguyén y; doi ddu x,z) M’yM’ M) M(x Y32 )
M’ M>TM (Giit nguyeén y, z; doi dau x)

. . Poi xting qua Oz o . .
M(xM ’yM ’ZM) (Gii nguyén z; déi ddu x,y) MS( xM’ yM’ M)

N

4. Tich c6 hwdng ciaa hai vecto:

@ Dinh nghia: Cho a=(a,, a,, a,), b=(b, b,, b,), tich cé huéng cta a va b Ia:

lab]= [Zj Z: : Z: Zj ; 211 Zj }=(azb3 -a,ah —absiab, ~ah).
@ Tinh chit: [a,b] La [a,b] Lb [a,b]| =lal |bl.sin (a,b)
= Dicu kién ciing phwong cita hai vecto a&b 12 | » Didu kién ddng phéing cita ba vecto a, b va ¢ I
[a,b]=0 véi 0=(0;00). [3, 5] ¢ =0.
= Dién tich hinh binh hanh ABCD: * Di¢n tich tam giac ABC:
S.oc0 = AB,AD]. Suac = 5| AB, AC]|

* Thé tich khdi hgp: Vyeco oo = [AB, ADLAA]. | = Thé tich tir dién: V,q, = %‘[E,EJ.E" .

Minh hoa 2023: Trong khong gian Oxyz , géc giita hai mit phing (Oxy) va (Oyz) bang
A. 30° B. 4% C. 60’ D. 90°

Minh hoa 2023: Trong khong gian véi hé toa do Oxyz , cho diém A(1;2;3) . Diém dbi xting véi A qua
mat phing (OXZ) coO toa do 1a
A. (1,-2;3).  B. (12-3). C. (-1,-2;-3). D. (-1;2;3) .

Céc bai tap tuwong tw
Cau 1Trong khong gian Oxyz, cho diem A(-2;3;5). Toa do vecto OAla

A.(-2;3,5). B.(2,-35). C.(-2,-3,5). D.(2,-3-5).
Cau 2. Trong khong gian Oxyz, cho diém A(-2,1;3);B(L-14)Toa do vecto AB la

A.(-2,13). B.(3;-2,1). C.(L11). D.(-10;7).
Cau 3. Trong khang gian OYZ: cho hai diém AQ:2:3) va BG14:-1) vec to AB co toa do 1

A. (2;2;2) B. (2;2;-4) C. (2;2;-2) D. (2;3;1)

Cau 4. Trong khdong gian Oxyz , hinh chiéu vuéng géc ctia diém A(2;3;4) trén truc Oz ¢ toa do 1a

A. (2;0;4). B. (0;3,4). C. (23;0). D. (0;0;4).
Cau 5. Trong khong gian Oxyz , hinh chiéu vudng goc cua diém A(2;4;6)1én mat phang Oxz c6 toa do 1a
A. (2;0;6). B. (0;4;6). C. (2;0;0). D. (2;4:6).
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Cau 6. Trong khong gian vdi hé toa d9 Oxyz , hinh chiéu vudng goc M ' ctia diem M (L;1;2) trén Oy co6 toa df la

A.(0;-10). B.(10;0). C.(0;0;2). D.(0;10).
Cau 7. Trong khdng gian Oxyz, cho hai diém A(L—-12) va B(2;11). Do dai doan AB bang
A. 32 B. 18 C. 6 D.6

Cau 8. Trong khong gian Oxyz, cho hai diém A(2;3;-1) va B(—4;1;9). Trung diém | cia doan thang AB c6
toa do la

A. (L-2,-4). B. (—6;-2;10). C. (-124). D. (-24;8).
Cau 9. Trong khdng gian Oxyz, cho A(L13),B(-15;1). Trung diém M ctia AB c6 toa dd la
A. (-3,3,0). B. (0;6;4). C. (-110). D. (0;3;2).

Cau 10. Trong khong gian v6i hé truc toa do Oxyz , cho ba diém A(12;3), B(-3;0;1), C(5;-8;8).
Tim toa do trong tdim G cua tam giac ABC

A. G(3,-6;12). B. G(-12-4). C. G(L,-2,-4). D. G(1-2;4)
Cau 11. Trong khong gian v&i hé truc toa do Oxyz , cho ba diém A(2; 2; —1) , B(%; 2;1) . C (0; 2;—3).

Tim toa do trong tdim G cua tam giac ABC
A. G(3,-2;2). B. G(12;3). C. G(12-1). D. G(1-2;4)

Minh hoa 2023: Trong khong gian Oxyz, cho A(0;0;10),B(3;4;6). Xét cac diem M thay doi sao cho tam
giac OAM khoéng c6 goc tit va c6 dien tich bang 15. Gia tri nhé nhat ctia do dai doan thang MB
thudc khoang nao dudi day?

A. (4;5). B. (3,4). C. (2;3). D. (6;7).

Cac bai tap twong tw
Caul. Trong khdng gian véi hé toa do Oxyz, cho badiém A(-2;3;1), B(2;1;,0), C(-3;—1L1). Tim tt ca cac
diém D sao cho ABCD Ia hinh thang c6 day AD va dién tich ti gidc ABCD bang 3 lan dién tich tam
giac ABC.

D(-8-7;1) D(8;7;-1)
5 D(12;1,-3) | D(-12;-1,3)
Céau 2. Trong khong gian vai hé truc toa @6 Oxyz cho hinh thang ABCD vudng tai A va B . Badinh A(L2;1)
, B(2;0;=1), C(6:1:0) Hinh thang c6 dién tich bing 6+/2 . Gia sir dinh D(a;b;c), tim ménh dé dung?
A. a+b+c=6. B.a+b+c=5. C.a+b+c=8. D.a+b+c=7.
Cau 3. Trong khong gian véi hé toa do Oxyz cho hinh hop ABCD.AB'C'D'. Biét A(2;4,0), B(4;0,0),

C(-L4;-7)va D'(6;8;10). Toa do diem B’ la
A. B'(8:4;10). B. B'(6;12;0). C. B'(10;86). D. B'(13,0,17).

Cau4. Trong khdng gian Oxyz, cho hinh hop ABCD.AB'C'D’ c6 A(L0;1), B(212), D(L-11),
C'(4;5;—5). Tinh toa do dinh A’ cua hinh hop.
A. A'(4,6,-5). B. A'(2;0;2). C. A'(3,5-6). D. A'(3;4,-6).

Caub5. Trong khong gian vai hé toa do Oxyz, cho hinh hop ABCD.AB'C'D’ c¢6 A(0; 0; 0), B(3;0;0),
D(0; 3;0), D'(0; 3; —3). Toa do trong tam tam giac A'B'C la
A (11 -2). B. (2,1 -2). C. (L2 -1). D. (2;1;-1).

A. D(-12,-13). C. D(87;-1).
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PHUONG TRINH MAT CAU

o Miit cau tam 1(a;b;c) va co ban kinh R ¢é phwong trinh (S):(x—a)’ +(y—b)? +(z-c)? =R?
o Phwong trinh X* +Yy* + 1> —2ax—2by—2cz+d =0 véi a° +b*+¢*—d >0

la phwong trinh ciia mdt cdu cé tdm | (a;b;c) va ban kinh R= JaZ+b?+c?—d.
o Dé mét phwong trinh la mot phwong trinh mdt cau, can théa man hai diéu kign:
H¢ 56 trwée X%, ¥, 7° phdi bang nhau va a°> +b*+c*—d > 0.

Minh hoa 2023: Trong khong gian Oxyz , cho mat cau (S):x* +y? + 2> —2x—4y—6z+1=0. Tam ctia (S)
c6 toa do la A. (-1-2;-3) B. (2;4,6) C. (-2,-4;,-6) D. (1,2;3)

Cac bai tip tuwong tw
CAu 1Trong khong gian Oxyz, cho mit cau (S) cé tam | (1; —4;0) va ban kinh bang 3.Phuong trinh cta (S)
la:

A.(x+1) +(y- 4) +2%2=9. B.(x—l) (y+4) +7%2=9.
C.(x—l) (y+4) +2%=3. D.(x+1) +(y— 4) +7%2=3.
Cau 2: Trong khdng gian Oxyz, cho mit cau (S):x*+y®+2z° —4x+2y—-6z+1=0. Toa dd tim | cta mit ciu
la
A. 1(4;,-2;6). B. 1(2,-13). C. 1(—4;2,-6). D. 1(-2;1-3).
Cau 3. Trong khong gian Oxyz, cho hai diém A(2;0;2) va B(0;4;0). Mt ciu nhan doan thang AB lam dudng
kinh c¢6 phuong trinh la:
A (x=1)" +(y+2) +(z-1)" =36. B. (x-1)" +(y-2)° +(z-1)" =6.
C. (x—l)2 +(y—2)2 +(z —1)2 =36. D. (x—1)2 +(y+2)2 +(z—1)2 =6.
Cau 4. Trong khong gian Oxyz, cho mit cau (S):x* +y* +2z° —8x+10y —6z+49=0. Tim toa d¢ tam I va ban
kinh R ctia mat cau (S).
A 1(-45-3)va R=7 B.1(4-53)va R=7 C.I(-45-3)vaR=1  D.(4-53) va R=1
CAu 5. Trong khong gian Oxyz, cho mit cau (S) c6 phuong trinh: X* +y? + 2% —2x -2y —4z +%O =0 Tim
toa d tm I va tinh ban kinh R ctia mit cau (S).

A. 1(3L2) va R=§ B. I(-1-1-2)va R=§ C. 1(312) vaR=g D. I(-L-L-2)va R=

|

Céau 6. Trong khong gian Oxyz, cho diém M (1; 1 —2) va mit phing (OL) :X—Yy—2z=3. Viét phuong trinh mat

cau (S) c6 tam M tiép xtic véi mat phang (o).
A. (S)3X2+y2+22+2x+2y—42+%=0 B. (S)ix2+y2+22—2x—2y+4z+%:0

C.(S):x*+y*+27* +2x+2y—4z+%:0 D. (S):x*+y*+27* —2x—2y+4z+%:0
Cau 7. Trong khong gian Oxyz, Viét phuong trinh mit cau ¢ tam 1(0; 3; —2) va di qua diém A(2; 1; —3)
A (S):x2+(y—-3)2+(z+2)2=3 B.(S):x2+y2+z22-6y+4z+4=0
C.(9:x2+(y—3)2+(z+2)02=6 D.(S):x2+y?+z2—-6y+4z+10=0
Cau 8. Trong khéng gian véi hé toa do Oxyz, cho diém A(2;1;1) va mit phing (P): 2x —y +2z + 1 = 0. Phuong
trinh mat cau (S) tim A tiép xtic voi mit phang (P) 1a
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A (S):(x=22+(y—-12+(z-1)2=4 B.(S): (x-2)2+(y—-1)2+(z-1)?=9
C.(S): (x—2)2+(y—1)2+(z-1)2=3 D. (S): (x—2)2+ (y—1)2+(z—1)2=5
Cau 9. Trong khéng gian Oxyz, Cho hai diém A(2; 4; 1), B(~2; 2; —3). Phuong trinh mit cau dudng kinh AB 1a
Ax2+(y+3)2+(z-12=9 B.x2+(y—-3)2+(z-1)2=36
C.x2+(y-3)2+(z+1)?=9 D.x2+(y—3)2+(z+1)>=36
Cau 10. Trong khong gian Oxyz, Cho mat cau(S): x*+y®+2z* —2x—4y+z-1=0. Xac dinh toa do tam | cua
mat cau.

Al (1;2;—%) B.1(241). C.1(-2,-4;-1). D. |(—1;—2;%j.

PHUONG TRINH MAT PHANG

o Vécto phdp tuyén i cia mat phang (P) la vécto cé gid vudng géc véi (P). Néu fi la mot vécto phdp tuyén
ciia (P) thi ki ciing la mét vécto phdp tuyén cia (P).

o Néu mat phang (P) ¢6 cap vécto chi phwong la U,, U, thi (P) n

c6 vécto phap tuyén la i =[G, U,].

« Mt phang (P):ax+by+cz+d =0 cé mét vécto phdp tuyén la Ti = (a;b;c). b ¥

4

, ua M(x,;VY,;z
= Mat phang (P) * E o7 Yoi %)
VTPT n=(a;b;c)

= Cac mit phang co ban

thi phuong trinh (P):|a(x—X,)+b(y—-y,)+c(z—-2,) =0| (¥)

. VTPT P
mp(Oyz) : x=0———>n,,

=(1,0;0)

mp(Oxz) : y =0—""—n,,, =(0;1,0)

mp(Oxy):z2=0—""—n,, = (0;0;1)

Mot mit phang bat ky déu c6 phuong trinh dang (P):ax+by+cz+d =0, vadiem M (Xy;YyiZy)-
Néu ax,, +by,, +cz,, +d =0=M e(P)
Néu ax,, +by,, +cz,, +d 0= M ¢(P)

Minh hoa 2023: Trong khong gian Oxyz , mit phéng (P):X+y+2z+1=0 c6 mot vecto phép tuyén la
A. n =(-1%1). B. n,=(31-1). C. n,=(111). D. n, =(L-11).

Cac bai tap tuwong tw

Cau 1. Trong khong gian Oxyz , cho mat phang (P):3x—y+2z—1=0. Vecto nao duéi day 12 mot vecto phap
tuyén cua (P)?
A.n =(-312). B.n, =(3,-12). C.ng=(3L2). D.n, =(31%-2).
Cau 2. Trong khdng gian Oxyz , cho mit phang (P):x—2y+2z+5=0. Vecto nao dudi day khong phai la mot
vecto phap tuyén cia (P)?
Any=(1-2;2). B.n,=(-12-2). C.ng=(2-42). D.n,=(3-6;6).
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Cau 3. Trong khong gian Oxyz , cho mat phang (P):3x—y +2z—1=0. Diém ndo sau ddy thudc mit phang(P)

?
A.A(L0;2). B. B(-121). C.C(0;1,1). D.D(31-2).
Cau 4. Trong khong gian Oxyz , cho mét phang (P):x—y +3=0. Diém nao sau day khong thudc mit phang(P)
?
A.A(2;52). B. B(2,51). C.C(0;1,1). D.D(34;-2).
Cau 5. Trong khéng gian Oxyz, Vecto nao dudi day 1a mot vecto phap tuyén ciia mit phang (Oxz)?
A.n =(L0;1). B.n, =(0;0;2). C.ny=(L11). D.n, =(31-2).

Cau 6. Trong khdng gian vai hé truc toa do Oxyz cho mit phing («): 2x+y+2z+3=0vadiém M (L 21), khi
d6 khoang céch tir diém M dén mat phang («) bang:
A.5 B.3 C.-3 D.7
Cau 7. Trong khong gian Oxyz, cho hai diéem A(10;0) va B(4;1;2). Mt phang di qua A va vudng goc véi
AB c6 phuong trinh 1a
A.3x+y+2z-17=0 B.3x+y+2z-3=0. C.5x+y+2z-5=0. D.5x+y+2z-25=0.
Céau 8. Trong khong gian vai hé toa do Oxyz , cho hai diém A 1,3;—4 va B —1,2;2 . Viét phuong trinh mat
phang trung tryc « caa doan thang AB .
A. « 14x+42y—-127-17=0. B. o :4x—2y—-122—-7=0.
C. a:4x+2y+122+7=0. D. o :4x—2y+12z7+17=0.
Cau 9. Trong khéng gian vai hé toa dd Oxyz, cho hai diém A(0;1;2) va B(2;3;4).Phuong trinh cta (P )di qua A
va vubng goéc véi AB la:
Ax+ty+z-1=0 B.x+y+z-3=0 C2x+y+z-3=0 D.x-2y-3z+1=0
Cau 10. Trong khéng gian Oxyz cho ha diem A(L;1;2)va B(3;3;6) phuong trinh mat phang trung truc ctia doan
AB la:
A x+y+2z-12=0. B. x+y-2z+4=0. C. x-y+2z-8=0. D. x—-y-2z+12=0.
Cau 11. :Trong khdng gian Oxyz, mit phang nao sau diy la mat phang di qua ba diém
A(0;-12), B(-12;-3),C(0;0;-2) ?
A 7x+4y+z2+2=0 B.3x+4y+z+2=0 C.5x—4y+z+2=0 D.7x+4y-z+2=0
Cau 12. Trong khong gian Oxyz, mit phang qua ba diém A(L; 0;0), B(0;—2; 0), C(0; 0;3) c6 Phuong trinh Ia:
A x-2y+3z=1 Br=YL-2-6 cZ-L-2_1 De6x-3y+2:-6
1 -2 3 -1 2 -3 , ) i
Cau 13. Trong khong gian Oxyz, cho A(L;1;3), B(-1 3; 2), C(—1;2;3) . Khoang cach tir goc toa d¢ dén mat phang

(ABC) bang:
A3 B.3 D. NE] C. g

2
A R . . 3 X y-1 z+43 . .. . . .
Cau 14. Trong khong gian v Oxyz, cho duong thangd 3= 1 -1 va diém A(L; 2;3) . Phuong trinh mat
phang (A;d) Ia:
A.23x-17y—-z-14=0 B.23x+17y+z-60=0 C.23x-17y—2z+14=0 D.23x+17y—-z+14=0
Cau 15. Trong khong gian Oxyz, mit phing di qua A(-2;4;3), song song voi mit phiang 2x —3y+6z+19=0
€0 phuong trinh 1a :
A.2x-3y+6z2=0 B.2x+3y+6z+19=0 C.2x+3y+6z-2=0 D.2x-3y+6z+1=0
Cau 16. Trong khdng gian Oxyz, cho diém A(L; 4;—-3) . Viét phuong trinh mit phiang chua tryc tung va di qua
diém A.
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A.3x+z+1=0 B.4x-y=0 C.3x—-z=0 D.3x+z=0

X =3+4t

=-1-t ,
(t e R) va mat phang (P):x+2y-z+1=0.

Cau 17. Trong khong gian Oxyz, cho duong thang d :
z2=4+2t

Trong cac ménh dé sau, ménh dé nao dung?
A.d cat (P) tai mot diém B.d nam trén (P) C.d song song véi (P) D.d vudéng goc vai (P)
Cau 18. Trong khong gian Oxyz cho mit phiang (P) 12X+ Yy —22+1=0 va hai diém A(l; —2;3), B(3; 2 —1).

Phuong trinh mét phang (Q) qua A, B va vudng goc vai (P) la
A.(Q):2x+2y+3z—-7=0B.(Q):2x-2y+3z2—-7=0 C.(Q):2x+2y+3z—-9=0 D.(Q): x+2y+3z—-7=0

PHUONG TRINH PUONG THANG

o Vécto chi phwong U ciia duong thang d la vécto cé gia song song hodc tring véi dwong thang d. Néu d
c6 mot vécto chi phwong la U thi k.U ciing la mét vécto chi phwong cua d.

e Néu c6 hai vécto Ti, VA fi, ciing vuong géc véi d thi d coé mét vécto chi phuong la G = [T, i, ].

o Dé viét phwong trinh dwong thang A, ta can tim diém di qua va mot vécto chi phirong.

, , uaM(x;y.;z
Neu duwong thang d {Q (x:y.iz)

thi ta ¢6 hai dang phiong trinh dwong thang:
VTCP:U, =(a,;a,;a;) HEP & & &

X=X +at y
Phurong trinh dwong thang d dgng thamsé |Jy =y +ayt|, (t e R). u
Z=127 +ait

X=X, _y-y, 1-1
3, a, a,

Phirong trinh dwong thang d dang chinh téic -1, (a,a,a, # 0).

x-1 y-2 743

. Diém nao dusi day
-1 -2

Minh hoa 2023: Trong khong gian Oxyz , cho dudng thing d:

thuoc d ?
A. P(1,23). B. Q(L2-3). C.N(25L2). D.M(2-5-2).
Minh hoa 2023: Trong khong gian Oxyz , cho hai diém M (L -3-1) va N(5;5;1). buong thing MN c6

phuong trinh la:
X=5+2t X=5+t X=1+2t X=1+2t
A. Jy=543t B. {y=5+2t C.:y=-1+3t D. jy=-1+t
zZ=-1+t z=1+3t z=-1+t z=-1+3t

Cac bai tip tuwong tuw
Cau 1: Trong khdong gian Oxyz, cho dudng thing d di qua diém M (3;-14) va c6 mot vecto chi phuong

u= (—2; 4: 5) . Phuong trinh cua d la:
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X=-2+3t X=3+2t X=3-2t X=3-2t
AJy=4-t . B.iy=-1+4t. C.iy=1+4t. D.qy=-1+4t.
Z=5+4t Zz=4+5t Zz=4+5t Z=4+5t

Cau 2. Trong khdng gian Oxyz, cho dudng thang d di qua diém M (L,-12) va c6 mot vecto chi phuong
u=(2;3;4). Phuong trinh ctia d 1a:
A.X+1:y_1:2+2. B x—2:y—3:z—4'
2 3 4 1 -1 2
Xx=1 y+1 z-2 D X+2 y+3 z+4
2 3 4 1 -1 2

X—2 +3 z . A 1e A ,
—=y—=5 vec to nao sau day la mot vec to chi

C.

Cau 3. Trong khéng gian Oxyz, cho duong thing d -

phuong cua d

A.u(2;3,0). B. u-12). C. u%12). D. u(tL-2).
X=-2+3t
Cau 4. Trong khdng gian Oxyz, cho duong thang d -{y=4—t  vec to ndo sau day khong phai 1a mot vec to
Z=5+4t
chi phuong cua d
A.u(6;-2;8). B. u(-3,1;-4). C. u(-2;4;5). D. u(3-14).
X=-2+3t
Cau 5. Trong khong gian Oxyz, cho duong thang d -<y=4—t  Diém nao sau day thuoc duong thang d
z=5+4t
A.A(L—-2;8). B. B(2;,—4;-5). C. C(-2,45). D. D(3;,-14).
X=1+2t
Cau 6. . Trong khong gian Oxyz, cho dudng thang d -4y =3—t Diém nio sau ddy khong thuoc duong thang
z2=2+3t
d
A AL32). B. B(3;2;5) . C. C(-3;5;-4). D. D(3;3;5) .

Cau 7. Viét phuong trinh duong thang (d) di qua diém A(1;2;-1) va nhan vec to U(12;3) 1am vec to chi
phuong

X =14t x=1-t x=1+t Xx=1+t
A (d)iy=2+2t . B. (d)jy=2+2t . C.(d)sy=2+2t. D(d)iy=2-2t
z=-1+3t z=-1+3t z=1+3t z=-1+3t
. . . . 2 X—2 Yy+3 1z . \ Al 1a
Cau 8. Trong khong gian Oxyz, cho duong thang d T T "3 Phuong trinh nao sau day la phuong
trinh ctua d
X=2+t X=-2+t x=1-2t x=1+t
A (d){y=-3-t. B. (d){y=3-t . C. (d) y=-1+3t. D(d){y=2-2t
z=2t z=2t 2=2 z=-1+3t

Cau 9. Trong khong gian Oxyz, dudng thang di qua hai diém A(1;1,0) va B(2; 0;2) c6 phuong trinh:
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X=1+2t X =3+t X=1-t X=1+t
A (d);y=1 . B. (d){y=1-t . C.(d)jy=3+3t. D(d)<y=1-t .
z=2t z=1-2t z=2-t z2=2t

Cau 10. Trong khong gian Oxyz, dudng thing di qua hai diém M(1;-1,2) va N(2; 0;0) c6 phuong trinh:
Xx-2_y+3_z B x+1 yll z+2 C x-1 y+1 z-2 Dx—l_y+1_z—2

1 1 2 1 1 =2 1 1 -2 1 1 2
Cau 11. (@2 thi thpt 2021) Trong khdng gian Oxyz , cho diém M (-1;3;2) vamit phing (P):x—2y+4z+1=0

. Puong thing di qua M va vudng goc voi (P) c6 phuong trinh la:

- - - Xx-1 y+3 242 X+l y-3 z-2
A.X+1:y 3:z 2- B.X 1:y+3:z+2. C. _Yto_ ' D. _Y=o_ .

1 -2 1 1 -2 1 1 -2 4 1 -2 4 .
Cau 12. Trong khong gian Oxyz , Viét phuong trinh duong thang di qua A(4;2;-6) va song song voi duong thang
d:2=Y=2

2 4 1

x=-—-4-2t x=2—-2t r=242t r=—-4+42t
Aliy=2—-4t . B.ijy=1—-4t. Ciy=1+4t. Diy=—-2+4t.
z2=—6—1 z=—-3—1 z2=—-3+t1 z2=06+1

E_y+1_z—4

Cau 13. Trong khong gian Oxyz , cho dudng thang d : ; 3 trong cac mit phang sau day, mat

phang nao song song véi duong thang (d) ?
Abr—3y+2—-2=0B. z2+y+2249=0C.52—-3y+2+2=0D.52—-3y+2-9=0

CAu 14. Cho dudng thing d: X=2 = y;3 =271 U4 mit phing (P): 3x + Sy — 22— 4 = 0. Tim toa do giao diém
cuad va (P).
A. (4;0;4) B. (0; 0; -2) C.(2;0;1) D. (-2; 2;0)

Cau 15. Trong khong gian Oxyz, cho mit phang (P):X+2z+1=0. Duong thang di qua M va vudng géc véi
(P) c6 vec to chi phuong 1a:
Au(L2:1). B. u($;2;0). C. u(-%0;-2). D. u(L0;-2).
X=2+t
Cau 16. Trong khong gian Oxyz, Cho (di) : {y=-1-t ; (d,)
z=3+4t

%z ilz ,duong thing (d) vudng goc

x-1
3

véi (d1) va (d2) Co vec to chi phuong la:
AU(L-2:1). B. U(9:-1%-5). C. UL 7:-2). D. U(7;-8;4).
X+1 1-y 2-72 X=3_y
1

Cau 17. Trong khéng gian Oxyz, cho hai duong thing (d,): 5 3 va (d,): 1
m

z-1
===
Tim tt cd gié tri thire ciam dé (d,) L(d,).

A.m=5 B. m=1 C. m=-5 D.m=-1
Cau 18. Phuong trinh chinh tic cia duong thang di qua diém M(L-12) va vudng gbc véi

mp(B):2x+y+3z-19=0 la:
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A x—1=y+1:z—2 B. x—1=y+1=z—2 C. x+1=y—1=z+2 D. x—1=y—1=z—2
2 1 3 2 -1 3 2 1 3 2 1 3

x=10 y-2 z+2
11
Xét mit phang (P) : 10x + 2y + mz + 11 = 0, m 1a tham s thyc. Tim tit ca cac gia tri cia m dé mit phang (P)
vudng goc v6i duong thang A.
A m=-2 B.m=2. C.m=-52 D.m=52
Cau 20. Trong khong gian v6i hé toa dd Oxyz, cho mit phang (P) :3X—4y+2z-2016 =0. Trong cac duong

Cau 19. : Trong khong gian vé6i hé toa dd Oxyz, cho duong thang A ¢6 phwong trinh :

thing sau duong thing song song v4i mit phing (P).
A, dl:x_1= y-1_1-2 B.d,: x-1_y-1 z-1 C.d,

:x—1= y—l=1—z D. d4:x_1: y—l=z—1
2 2 -1 4 -3 1

3 5 4 3 4 2

x-2 y-1 z-1

Minh hoa 2023: Trong khong gian Oxyz , cho diém A(O;l;Z) va duong théng d : 5 3 Goi
(P) 1a mat phing di qua A va chita d . Khoang cach tit diém M (5,—13) dén (P) bing
A. 5. B. 1 C. 1. p. 1
3 3
Cac bai tap tuwong tw
Cau 1. Trong khéng gian v Oxyz, cho dudng thang d :g = yT—l = 2%3 va diém A(L; 2;3) . Phuong trinh mat

phang (A;d) Ia:
A.23x-17y—-z-14=0 B.23x+17y+z-60=0 C.23x-17y—2z+14=0 D.23x+17y—-z+14=0
Cau 2. Trong khéng gian Oxyz, mit phang di qua A(—2;4;3) , song song v&i mit phang 2x—3y +6z+19 =0¢0
phuong trinh 1a :
A.2x-3y+62=0 B.2x+3y+6z+19=0 C.2x+3y+6z2-2=0 D.2x-3y+6z+1=0
Cau 3. Trong khéng gian Oxyz, cho diém A(L; 4;—3) . Viét phuong trinh mit phang chira truc tung va di qua
diém A.

A.3x+z+1=0 B.4x-y=0 C.3x-z=0 D.3x+z=0

X=3+4t

. -1-t ,
Cau 4. Trong khong gian Oxyz, cho duong thang d : Z 44t (t e R) va mdt phang (P):x+2y—-z+1=0.
=4+

Trong cac ménh dé sau, ménh dé nao dung?

A.d cat (P) tai mot diém  B.d nam trén (P) C.d song song védi (P) D.d vuong goc vai (P)

Cau 5. Trong khong gian Oxyz cho mat phang (P) :2X+Y—2z+1=0 va hai diém A(l; —2;3), B(3; 2, —1).
Phuong trinh mit phang (Q) qua A, B va vuong goc vai (P) la

A (Q):2x+2y+3z—-7=0B.(Q):2x-2y+3z-7=0 C.(Q):2x+2y+3z-9=0 D.(Q) : x+2y+3z-7=0

Cau 6. Trong khong gian Oxyz , cho duong thang d : %:yT_lzilz va mit phing (P):x+2y+z-4=0.
Hinh chiéu vuéng géc cua d trén (P) l1a duong thing c6 phuong trinh:
AX_y+l_z+2 o x_y+l _z+2 x_y-1 z2-2 pX_y-1l z-2
2 1 -4 3 2 1 2 1 -4 3 2 1
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Cau 7. Trong khong gian Oxyz, Cho mit phang(a):3x—2y+z+6=0 va diém A(2,-1,0). Hinh chiéu vubng
goc cua A l1én mat phéng(a) cé toa do:
A.(2-23) B.(L1-1) C.(30;3) D.(-L1-1)
-3 y-1 z+1
1 -1

Cau 8. Trong hé toa d6 Oxyz. Cho duodng thang d : X . va mit phang (P):x—z—4=0. Hinh

chiéu vudng goc cua d trén (P) c6 phuong trinh la:

X=3+t X=3+t Xx=3+3t Xx=3-1
A y=1+t B.qy=1 C.qy=1+t D.jy=1+2t
z=-1+t z=-1-t z=-1-t z=-1+t

Cau 9. Trong khéng gian toa dd Oxyz cho diém A(O; -2, 3) va mit phang (P) :X—2y+2-1=0 . Toa do diém
B 14 diém d6i xtung cua A qua (P) la:
A. B(-1-2;2) B. B(2,0;1)  C. B(-22;1) D. B(-10;2)

Céau 10. Trong khong gian Oxyz, Goi d’ 14 hinh chiéu cua d : x2—1 = y—32 = Zzl 1én mit phang
(a):x+y+z-2=0.Khi do:

A. d va d’ co ciung vecto chi phuong.  B. d va d’ cung nam trong mot mit phang.

C. d va d’ vudng gbc vé6i nhau. D. d va d’ 1a 2 duong thang chéo nhau.

Vi tri twong d“éri giita mdt phing (P) va mat cdu (S)
Cho mat cau S(1;R) va mat phang (P).
Goi H la hinh chiéu vuéng géc cia | 18n (P)
va cé d =IH la khodng cich tir I dén mat phang (P). Khi dé:
« Néu d>R: Mt cau va matphang khong co diém chung.
« Néu d=R: Matphang tiép xuc mat cau. o
Liic d6 (P) la mdt phang tiép dién cia (S) va H la tiép diém.
« Néu d <R: mat phang (P) cdt mdt cdu theo thiét dién

la dwong tron c6 tam H va ban kinh r =+R* - IH?.

Viét phwong trinh mit (P)|| (Q):ax+by+cz+d =0 va tidp xic véi nﬁff;u O NG
Phwong phap:
« Vi (P)||(Q):ax+by+cz+d=0=(P):ax+by+cz+d'=0.
« Timtam | va ban kinh R cia mat cau.
« Vi (P) tiép xic (S) néncé d =R=d"

[1:(P)]

Caul. Trong khdng gian véi hé toa o Oxyz, cho mat cau (S) co tam 1(3;2;-1) va di qua diém A(2,1,2).
Mt phang nao duéi day tiép xtc véi (S) tai A?
A X+y+3z2-9=0 B.x+y—-3z+3=0 C.x+y-3z-8=0 D.x-y-3z+3=0

Cau2. Trong khong gian véi hé tryc toa d6 Oxyz cho mat phang (a) c6 phuong trinh 2x+y—-z-1=0 va
mat cau (S) c6 phuong trinh (x—l)2 +(y—1)2 +(z+2)2 =4 . Xac dinh ban kinh r cua duong tron la
giao tuyén ctia mat phang (er) va mat cau (S).

A.r=@. B.r:& C.r:@. D.r:&
3 3 3 3
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Cau3. Trong khdng gian Oxyz, viét phuong trinh mat cau c6 tam 1(2;1;—4) va tiép xdc véi mat phang
(@):x=2y+2z-7=0. AX*+y*+2° +4x+2y—82-4=0. B.X*+y’+2° +4x—-2y+8z-4=0.
C.X°+y*+2°-4x-2y+82-4=0. D.X*+y*+2°—4x—2y-82-4=0.

Cau 4. Trong khdng gian Oxyz , cho mat phang (P):x+2y—2z+3=0 vamat cau (S) c6 tam 1(0;-2;1).
Biét mat phang (P) cat mat cau (S) theo giao tuyén 1a mot dudng tron c6 dién tich 2. Mt cau (S)
c6 phuong trinh 1a
A X +(y+2) +(z+1) =2. B.X2+(y+2) +(z- ) =3.

C. X% +(y+2) +(z+1) =3. D.x*+(y+2) +(z+1)" =1.
Cau5. Trong khdng gian véi hé toa do Oxyz , cho mat phang (P):x—2y+2z-2=0 va diem |(-12;-1).

Viét phuong trinh mit cau (S) c6 tim | va cit mat phang (P) theo giao tuyén la duong tron co ban

kinh bang 5.

A (S):(x+1)° +(y-2)" +(z+1)° = 25. B.(S):(x+1) +(y-2)" +(z+1)" =16,
C.(S):(x- )‘(y+2) +(z-1) =34, D.(S):(x+1) +(y—2) +(z+1)" =34.
HINH 11: GOC - KHOANG CACH TRONG KHONG GIAN

GOC TRONG KHONG GIAN

Dé tinh goc giita hai duong thang d,,d, trong khong gian ta c6 thé thuc hién theo hai cach

Céch 1. Tim goc giira hai duong thang d,,d, bang cich chon mot diém O thich hgp ( O thuong nam trén mot

trong hai duong thang). d;

(o |P)
Tu O dung cac duong thangd,, d, lan lugt song song ( c6 thé trong néu O nam trén mot trodg hai duong
thang) véi d, va d,. Goc giita hai dudng thang d,,d, chinh 1a goc giita hai duong thangd,,d, .
Luwu y 1: B¢ tinh géc nay ta thuong str dung dinh li cosin trong tam giac

2 2 2
cos A= b+c—a _
2bc
Céch 2. Tim hai vec to chi phuong u,, U, cua hai duong thing d,, d,
| o q o o]
Khi d6 goc gitra hai duong thang d,,d, xac dinh boi cos(d,,d,) = ‘ H ‘
ul u2

Luwu ¥ 2: Pé tinh J@ ‘J‘ ‘J‘ ta chon ba vec to 5 5 ck khong dong phang ma co thé tinh duoc do dai va goc

giita chung,sau do biéu thi cac vec to U,,u, qua céc vec to a b C rdi thyc hién cac tinh toan.
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Caul. Cho tir dién OABC c6 OA, OB, OC d6i mdt vudong goc vai nhau va
OA=0B=0C.Goi M latrung diém cua BC (tham khao hinh v& bén
dudi). Goc gitra hai duong thang OM va AB bang
A. 45° B.90° C.30° D. 60°
Cau 2. Chotirdién ABCD véi AC = g AD,CAB = DAB =60°,CD = AD. Goi
@ 1a goc giita hai duong thang AB va CD. Chon khang dinh dung vé
goc ¢.
3 0 0 1
A. cos<o=z B. 30 C. 60 D. COS(0=Z
Céau 3.  Cho hinh hop chir nhat ABCD.A'B'C'D’, biét day ABCD Ia hinh vuéng.

Tinh goc gitta A'C va BD. B T
A D
_é:.. cennneerigh @
A D
A. 90°. B. 30°. C. 60°. D. 45°.
Goc gilta duong thang d va mit phang (P) 1a goc giira d va 2
hinh chiéu cua né trén mat phang (P) 4

Goi « la goc gitta d va mit phang (P) thi 0° <« <90°
Pau tién tim giao diém cua d va (P) goi la diém A.

Trén d chon Qiém B khac A, dung BH vudng goc véi (P) tai H. Suy ra AH1a hinh chiéu vudng goc ctia d trén mit
phang (P).

Viay goc gitra d va (P) la goc BAH . , 0

Néu khi xac dinh goc gitra d va (P) kho qué ( khong chon dugce diém B dé dung BH vuong goc vai (P)), thi ta st
dung cong thirc sau day. Goi « la goc gitra d va (P) suy ra:

d(M,(P
.Sina = —( ( ))
AM
Ta phai chon diém M trén d, ma c6 thé tinh khoang cach dugc dén mat phang (P). Con A la giao diém cua d va
mat phang (P).

Caul  Cho hinhchép S.ABCD cb day 1 hinh vuéng canh +/3a, SA vudng goc voi
mit phang day va SA = \/Ea. Goc gitta SC va mit phiang (ABCD) bang

A. 45" B. 60" C. 30", D.oo’. /.
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Cau 2.

Céu 3

Cau 4.

Céau 5.

Céau 6.

Dé tim goc giira hai mit phang, du tién tim giao tuyén ciia hai mat phang.
Sau d6 tim hai duong thang 1an luot thudc hai mat phang cing

vudng goc vai giao tuyén tai mot diém.

Goc gitra hai mit phang 1 goc giira hai duong thang vira tim.

TRUONG THPT LE HONG PHONG-TAI LIEU LUYEN THI MON TOAN LOP 12
Cho hinh chép S.ABC c6 SA vuéng géc voi mat phing (ABC), SA=av/2, tam
gidc ABC wvubng can tai B va AC = 2a (minh hoa nhir hinh bén). Géc gitra duong
thang SB va mat phang (ABC) bing

g

A. 30°. B. 45°. C. 60°. D. 90e.
Cho hinh hop chirnhat ABCD.A'B'C'D’ c6 AB=BC =a, AA' = J6a (tham khao
hinh duéi). Goc giita dudng thang A'C va mit phang (ABCD) bang:

A. 60°. B. 90°. C. 30°. D. 45°.

Cho hinh chép tr giac déu S.ABCD c6 tat ca cac canh bang a. Goi M la trung N
diém cta SD (tham khao hinh vé& bén). Tang cua goc gilta duong thang BM RN
va mit phang (ABCD) bang N

T——7D

A . —B. — C - D. =
2 3 3

Cho hinh chop S.ABCD c6 day ABCD 1a hinh thoi canh a va ABC =60°
. Hinh chiéu vudng goc ctia diém S 1én mit phang (ABCD) trung voi trong

V2 B 2 1
3

tam ctia tam giac ABC, goi ¢ 14 goc giita duong thang SB va mit phang
(SCD), tinh sing biét ring SB=a.

e 2

A Sin¢)=7. B. Sin(p:%. C. Siﬂgoz%. D. Sin¢)=7.

Cho hinh chép S.ABCD c¢6 déy 1a hinh vuéng canh a, SA L (ABCD), SA=x. X4c dinh x dé hai mat
phing (SBC) va (SCD) hop véi nhau géc 60°.

A x=2a. B. x=a. c.x=37a. D.x=%.
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Cau 1.

Cau 2.

Cau 3.

Cau 4.

Caub.

Céu 6.

Cau7.

TRUONG THPT LE HONG PHONG-TAI LIEU LUYEN THI MON TOAN LOP 12
(Cho hinh lang tru tam gidc déu ABC.A'B'C’ ¢6 AB = 243 va AA = 2.
Goi M, N, P lan luot 13 trung diém cac canh A'B’,A'C’ va BC (tham

khao hinh v& bén). Césin cua goc tao boi hai mat phang (AB'C') va
(MNP) bang

B! M i"i‘: A

1713 18J13 . 6413 J13 A
A 222 B. C. D. X2 Pl
65 65 65 65 A ¢
Cho hinh lp phuong ABCD.A'B'C'D’ ¢ tam O. Goi | 1a tm cua i
hinh vubng AB'C'D' va M 1a diém thudc doan thang Ol sao cho 15
MO =2MI (tham khao hinh‘vé). Khi @6 césin cta goc tao boi hai mat 8% —34
phang (MC'D’) va (MAB) bang
A V85 g 17413 c 613 6+/85
85 65 © 65 7 85
Cho hinh chop S.ABC c6 SA vudng gbéc voi mat phang
(ABC), SA:%, tam gidc ABC déu canh bang @ (minh hoa nhu

hinh dudi). Géc tao boi giita mat phang (SBC) va (ABC) bang

A. 90°. B. 30°. C. 45°. D.60°. 4
Cho hinh chop S.ABCD c¢6 day ABCD la hinh chit nhat, AB=a,

AD=SA=2a, SAL (ABCD). Tinh tang cua goc gitta hai mat phang
(SBD) va (ABCD).

5 1 2
A B. 5. C.ﬁ. D.E.

Cho hinh chép SABCD c6 day ABCD I hinh thoi tim O, dudng thang SO vudng goc v6i mat phang
(ABCD). Bié¢t AB=SB=a, SO= % Tim s6 do cta goc giita hai mat phang (SAB) va (SAD).
A. 30° B. 45° C. 60° D. 90°

Cho hinh chép S.ABCD c6 day ABCD 1a hinh vudng c6 do dai duong chéo bing a~/2 va SA vudng
goc voi mit phing (ABCD) . Goi a 1a goc giira hai mit phang (SBD) va (ABCD) .Néu tana =+/2
thi géc gitta (SAC) va (SBC) bang.

A. 30°. B. 90° C. 60°. D. 45°.

AB+/6

Cho hinh hop chit nhat ABCD.A'B'C'D"' ¢6 mat ABCD la hinh vuéng, AA'= — Xac dinh goc

~

gitta hai mt phang (A'BD)va (C'BD).
A. 30°. B. 45°. C. 60°. D. 90°.
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KHOANG CACH TRONG KHONG GIAN

[J Bai toan 1: Tinh khoang céch tir hinh chiéu vudng goc ciia dinh dén mat mat bén
Phuong phép xac dinh khoang cach tir hinh chiéu cua dinh dén mot mét phang bén.

Buwéc 1: Xac dinh giao tuyén d

Budre 2: Tir hinh chiéu vudng goc cia dinh, DUNG AH Ld( H ed).

Buée 3: Dung Al L SH (1 e SH ) Khoang céch can tim la Al

V6i S 1a dinh, A 13 hinh chiéu vuéng gbc cua dinh trén mit day.

Vi du dién hinh: Cho hinh chép S.ABC ¢6 SA vudng géc véi day (ABC). Hay xdc khodng cdch tir diém A dén mdt

bén (SBC).
Ta c6 BC la giao tuyén cia mp (SBC) va (ABC). s
T hinh chi€u cta dinh 1a diém A, dung AH L BCtai H. Dyng Al | SH tail
i BC L SA
BC 1L AH

Mit phang (SBC) vudng goc voi mit phang (SAH) theo giao tuyén SH c¢6 Al L SH c

nén Al L mp(SBC)=>d(A mp(SBC))=Al Cr
[J Bai toan 2: Tinh khoang céach tir mét dém bat ky dén mot mit phang
Thuong st dung cong thure sau:

= BC L (SAH)=> (SBC) L (SAH).

al A

d
\ -
/ 0 /o
ok ]/
/, o
MO

d(M,mp(P)) _
d(Amp(P)) AO

Cong thue tinh ti 1€ khoang cach:

O cong thirc trén can tinh khoang cach tir diém M dén mit phang (P).

\ A (o
Caul. Cho lang tru ding ABC.A'B'C’' c6 day ABC la tam giac déu canh a va
AA’ =2a.Goi M 1a trung diém ctia CC’ (tham khao hinh bén). Khoang e
cach tir M dén mit phang (A'BC) bang M
a2 g b 25Ta p, Y372 k-
5 5 19 19
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Céu 2.

Cau 3.

Cau 4.

Cau 5.

Céu 6.

Cau 7.

Cau 8.

TRUONG THPT LE HONG PHONG-TAI LIEU LUYEN THI MON TOAN LOP 12
Cho hinh lang tru deing ABC.A'B'C’ 0 tat ca cac canh bang a. Goi M 1a trung diém cua AA’ (tham
khao hinh vg).

A B’
Khoang cach tir M dén mit phang (AB'C) bang
M

a2 gadal a2 p, V21

4 7 2 14
Cho hinh chép S.ABC c6 day 1a tam giac vuong dinh B, AB=a, SA vuéng B
gbc v6i mit phing day va SA=2a. Khoang cach tir A dén mit phing
(SBC) bang

2

A. —fa B. */ga C. 2‘/3"" D. @

Cho hinh chép S.ABCD c6 ddy la hinh vudng canh @, mét bén SAB la tam
gidc déu va nam trong médt phang vuong goc voi mat phang day (minh hoa nhu
hinh v& bén). Khoang cach tir D dén mit phang (SAC) bang

A B2 g a2l o oaval p, &Y21.

2 S 7 C 14 28

Cho hinh chép S.ABCD c¢6 day la hinh thoi canh a, BAD =60°, SA=a va
SA vuéng géc v6i mit phing déy. Khoang cach tr B dén (SCD) béng?

A Y2a g, Y% c. Y2la D.
3 3 7
J15a
7

Cho hinh chop S.ABC c¢6 day la tam giac vuéng tai A, AB=a, AC = a\/g, SA vudng goc voi mat
phing day va SA=2a . Khoang cach tir diém A dén mit phang (SBC) bang:
a\/ﬁ B 2a\/§ c 2aJ§ D Za@

19 © 19 © 19 - 19

Cho hinh chép tir giac déu S.ABCD c6 canh day bang a va chiéu cao bang av/2.. Tinh khoang cach
d tirtam O cua ddy ABCD dén mot mat bén theo a.
a2

A g5 B.d=23 c.d=2 D.d=2Y2

3 2 2 i 3 )
Cho hinh chop S.ABC c6 day la tam giac vudng tai A, AC =a,| 1a trung diém SC . Hinh chiéu vuong
géccua S I8n (ABC) latrung diém H ciia BC . Mat phang (SAB) tao v6i (ABC) mot gée 60°. Tinh

khoang cach tir | dén mit phang (SAB).

A.

PNRELY g, 32 c. ¥ p. Y22,
4 5 4 3
Ta c6 cac truong hop sau day: | b
a) Giasr a va b la hai duong thang chéo nhauva a L b 5 a

- Ta dyng mat phang («) chira a va vudng goc véi b tai B.
- Trong (&) dung BA L a tai A, ta dugc do dai doan AB la
khoang céch giita hai dudng thang chéo nhau a va b.
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b) Gia sir a va b 1a hai duong thang chéo nhau nhung khong vudng goc véi nhau. b M
Cach 1: i s

- Ta dung mat phang («) cht a va song song véi b .

- L4y mot diém Mty y trén b dung MM ' L (@) tai M . S b’
-Tu M dung b"/b cit a tai A. A M

- T A dyng AB//MM " cit b tai B, do dai doan AB Ia

khoang céch giita hai duong thang chéo nhau a va b.

Cach 2:

, , b
- Tadung mat phang («) L a tai O, (&) cat b tai | . Z\/
B

- Dyng hinh chiéu vudng géc cia b 1a b* trén (a).

: p
- Trong mat phang («),vé OH Lb', Heb'. O
- Tir H dung duong thing song song voi a cit b tai B. ; H

- Tur B dung dudng thang song song véi OH cit a tai A.
- Do dai doan thang AB la khoang céch gitra hai duong thang chéo nhau a va b .

Cau 1.

Cau 2.

Cau 3.

Cau 4.

Cau 5.

Céau 6.

Cho 1ap phuong ABCD.A'B'C'D’ ¢6 canh bang a ( tham khao hinh vé&
bén ).Khoang cach gitra hai duong thang BD va A'C’ bang

A. \f3a B. J2a C. J3a D. a

|

I

|

I

2 J{)

Cho hinh chép S.ABC c¢6 day la tam gidc vudng tai A, AB=2a, J_=JI -~
AC =4a, SA vudng goc v6i mit phang day va SA=a (hinh minh hoa).
Goi M 1a trung diém cua AB . Khoang cach giira hai dudng thang SM
va BC bang

A2 g Yoa B a

3 3 3 2
Cho hinh chép S-ABCD 5 day 1a hinh thang, AB=2a
AD=DC=CB=a SA yysng goc v6i mit phing day va SA=3a (minh
hoa nhu hinh bén). Goi M 1a trung diém cuia AB . Khodang cach gitra hai
duong thing SB va DM bing

3a 3a 3\/1_3a 6\/1_3a ’ 3

A —.B. —. C. : D. .
4 2 13 13

Cho hinh chop S.ABCD c6 day la inh chit nhat, AB=a,BC =2a, SA vudng
goc v6i miat phang diy va SA=a. Khoang cach giita hai duong thang AC va

A
SB bing A. Véa B2 2@ D. 2
2 3 2 3
Cho trr dién OABC c6é OA, OB, OC d6i mot vudbng goc voi nhau, va D A
OA=0B=a, OC=2a. Goi M la trung di€ém cua AB . Khoang cach gitra hai
duong thing OM va AC bang A, ZT\/% B. % C. 2—3& D. %
Cho lang tru dimg ABC.A'B'C’ ¢6 day ABC la tam giac vuong tai A v4i AC = a+/3 . Biét BC’ hop

NG

v6i mit phang (AA'C'C) mot géc 30° va hop véi mit phang day goc a sao cho sina = 7 Goi

M, N lan luot 1a trung diém canh BB’ va A'C’. Khoang cach giita MN va AC’ la:
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p 26 g, &3 c. &5 p. 2
4 6 4 . ) 3 i )
Cau 7. Chohinhchop S.ABC, c6 SA=SB=SC, day la tam giac déu canh a. Biét thé tich khoi chép S.ABC

3

béng a3 . Khoang cach giita hai dudng thing SA va BC bang:
A2 g, i3 c. b2 p, &3
7 13 7 4

Cau 8. Cho hinh chép S.ABCD cé6 day ABCD la hinh vudng canh a. Hinh chiéu vudng goéc cuaa S trén mat
phing (ABCD) la trung diém cua canh AB, géc giira mit phang (SAC) va ddy bang 45°. Goi M 12
trung diém ciia canh SD . Khoang cach giita hai dwuong AM va SC bang
A a. g &2 c. a5 p. &5

4 10 5

PHAN Il1: PE ON THI THEO PE MINH HOA CUA BQ NAM 2023.

PE 01

Cau 1. Mddun cua s6 phicc z=3-i bang

A.8. B./10 . C. 10. D.22.
Cau 2. Trong khdng gian Oxyz , mat cau (S):(x+1)* +(y—2)*+2z* =9 c6 ban kinh bang

A. 3. B. 81. C.o. D. 6.
Cau 3. Piém nao dudi day thudc do thi cia ham sé y=x*+x*—2 2

A. biém P(-1-1). B.Dbiém N(-L-2).  C.biém M (-10). D. biém Q(-11).
Cau 4. Thé tich V cua khdi cau ban kinh r duoc tinh theo c¢ong thiic nao dudi day?

AV :%ﬂ'l’s. B.V =2xr3. C.V =4zxrs. D.v zgm’s.

3
Cau 5. Trén khoang (0;+e), ho nguyén ham cua ham sé f (x)=x2 la:

31 5 2

A.If(x)dx:§x5+C. B.Jf(x)dx=5x5+C.
2 ° 2 *

C.If(x)dx:gx2+C. D.If(x)dx:§x2+C.

Cau 6. Cho ham s y = f (x) c6 bang xét dau cuia dao ham nhu sau:
* | o 2 0 1 4 +oo
S (x) ‘ -0 + 0 - 0 + 0 -

S6 diém cuyc tri cua ham sb da cho 1a

A. 3. B. 2. C. 4. D. 5.
Cau 7. Tap nghiém ciia bat phuong trinh 2* > 6 12

A.(log,6;+). B.(-;3). C.(3+). D.(—0;l0g,6).
Cau 8. Cho khéi chdp c6 dién tich ddy B =7 va chiéu cao h=6. Thé tich cia khéi chép da cho bang

A. 42. B. 126. C. 14 D. 56.

Cau 9. Tap xac dinh ciaham s§ y=x" 13
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AR. B.R\{0}. C.(0;+w0). D.(2;+).
Cau 10. Nghiém cua phuong trinh log, (x+4)=3 la:

A.x=5. B.x=4. Cx 2. D.x=12.

5
Cau 11. I X)dx =3 va Ig X)dx =2 thi I[f +9(x) |dx bing
2

A. 5. B.-5. C. 1. D. 3.
Cau 12. Cho sé phuc z =3-2i, khi d6 2z bang

A.6-2i. B.6-4i. C.3-4i. D.—6+4i.
Cau 13. Trong khong gian Oxyz , mat phang (P):2x—3y +4z-1=0 c6 mét vecto phap tuyén Ia:

A.n,=(-12-3). B.n, =(-3,4;-1). C.n, =(2-3,4). D.n =(2;3;4).
Céu 14. Trong khong gian Oxyz , cho hai vecto U = (1; 3; —2) va vV =(2;1;,-1). Toa do cua vecto Gi—V la

A.(3;4,-3). B.(-12;-3). C.(-12-1). D.(-21).
Cau 15. Trén mt phang toa do, cho M (2;3) 1a diém bicu dién cua s6 phirc z. Phan thuc cua z bang

A. 2. B. 3. C.-3. D.-2.
Céau 16. Tiém can dang cua do thi ham sé y = 3 +22 1a duong thang c6 phuong trinh:

A x=2. B.x=-1. C.x=3. D.x=-2.
Cau 17. Véi moi s6 thuc a duong, Iogzg bang

A.%Iogza. B.log,a+1. C.log,a—-1. D.log,a—-2.
Céau 18. Ham s6 nao dudi day c6 dd thi nhu dudng cong trong hinh bén?

Yk
AN
T
Ay=x"-2x*-1. B.y:x—+i. C.y=x>-3x-1. D.y=x*+x-1.
X_
X=1+2t
Cau 19. Trong khong gian Oxyz , duong thang d :<y=2-2t di qua diém nao dudi day?
z=-3-3t

A. biém Q(2;2;3). B.biém N(2,-2-3). C.Diém M(4,2;-3).  D.Dbiém P(12;3).
Céau 20. Vé6i n 14 s6 nguyén duong, cong thirc ndo dudi diy ding?

A.P =nl. B.P,=n-1. C.P,=(n-1). D.P. =n.
Cau 21. Cho khéi liang tru c6 dién tich day B va chiéu cao h. Thé tich V cua khi lang tru da cho duoc
tinh theo cong thirc nao dudi day?

A.V:%Bh. B.V:%Bh. C.V =6Bh. D.V =Bh.
Céau 22. Trén khoang (0;+), dao ham ctia ham sé y =log,x la:
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A.y’:i. B.y’:ln—z. C.y’:l-E. D.y':i.
xIn2 X X 2X
Cau 23. Cho ham sé y = f (x) c6 bang bién thién nhu sau:
T —oo -2 8] 2 “+ oo
f(z) - 0

o + 0 +
Too Foo
() \1 / 1\1 /

Ham sb da cho dong bién trén khoang nao dudi day?

A.(0;+e0). B.(~x0;-2). C.(0;2). D.(-2;0).
Cau 24. Cho hinh tru c6 ban kinh day r va do dai duong sinhl . Dién tich xung quanh S, cua hinh try da
cho dugc tinh theo céng thirc nao dudi day?
A.S, =4zrl. B.S,, =2nrl. C.S,, =3, D.S, =7l
Cau 25. Néu [5f (x)dx=2 thi [33f (x)dx bang
A. 6. B.3. C.18. D. 2.
Cau 26. Cho cép s6 cong (u,) véi u, =7 vacongsai d =4. Giatrj cia u, bang
A.11. B. 3. C.%. D. 28.
Cau 27. Chohamso f (x)=1+sinx. Khing dinh nao duéi day dung?
A.]f(x)dx=x—cosx+C. B.J f (x)dx=x+sinx+C.
C.J f(x)dx=x+cosx+C. D.[ f(x)dx=cosx+C.
Cau 28. Cho ham s6 y =ax* +bx*+c(a,b,c e R) c6 do thi 1a duong cong trong hinh bén. Gid tri cuc dai

ctia ham s da cho bang

A. 0. B.-1. D. 2.
Cau 29. Trén doan [L,5], ham so y = x+§ dat gia tri nho nhét tai diém

A.x=5. ) B.x=2. ) C.x=1. D.x=4.
Cau 30. Ham s6 nao dudi day nghich bién trén R ?

A y=—x>—x. B.y=—x"—x. C.y=-x*+x. D.y:%.
Cau 31. Véi moi a,b thoa mén log,a—3log,b =2, khing dinh nao dudi ddy dung?

A.a=4b%, B.a=3b+4. C.a=3b+2. D.a:bi;.
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Cau 32. Cho hinh hop ABCD- A'B'C'D’ ¢0 tat ca cac canh bang nhau (tham khao hinh bén). Géc gitra hai
duong thang A'C’ va BD bang

/Dv
A ,-'
Di
3=
A.90°. B.30". C.45. D.60".
r 3 3 N
Cau 33. Néu If(x)dx=2 thi I[f (x)+2x |dx bing
1 1
A. 20. B. 10. C.18. D. 12.
Cau 34. Trong khong gian Oxyz , cho diém M (2;-5;3) va dudng thang d :gz y%z = z_—13 M3t phang

diqua M vavudng goc véi d co phuong trinh la:
A.2x-5y+3z-38=0. B.2x+4y-z+19=0. C.2x+4y-z-19=0. D.2x+4y-z+11=0.

Céau 35. Cho sé phtic z théa man i.z=5+2i . Phan 40 cia z bing
A. 5. B. 2. C.-5. D.-2.
Cau 36. Cho hinh lang try dang ABC- A'B'C’ c6 day ABC latam giac vudng cantai B va AB=4

(tham khao hinh bén). Khoang cach tir C dén mat phang (ABB'A’) bing

B
A.242. B. 2. C.42. D. 4.
Cau37.  Tumothop chira 16 qua cau gom 7 qua mau do va 9 qua mau xanh, Iy ngau nhién dong thoi hai
qua. Xac suat dé lay dugc hai qua c6 mau khac nhau bang
AL B2, c.>. D.2.
40 40 10 15
Cau 38. Trong khong gian Oxyz , cho ba diém A(2;-2;3),B(13;4) va C(3;-15). Puong thang di qua
A vasong song vai BC c6 phuong trinh la:
A.x—2=y+4=z—1_ B.x+2=y—2=z+3.
2 -2 3 2 —4 1
C.x—2:y+2:z—3. D.x—2:y+2:z—3.
4 2 9 2 -4 1
Cau 39. C6 bao nhiéu s6 nguyén x théa man (4" —5.2""% +64),/2—log(4x) >0 ?
A. 22. B. 25. C.23. D. 24.
Cau 40. Cho ham s6 y = f (x) c6 bang bién thién nhu sau:
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x |—oo —1 2 —+00
f'(z) 4 0 = 0 +
1 i
/ \_5/
—0
S6 nghiém thyc phén bit ctia phuong trinh £'(f (x))=0 la
A. 3. B. 4. C.5. D. 6.
Cau 41. Chohamsé y = f (x) co daoham la f'(x)=12x*+2,vxeR va f(1)=3.Biét F(x) la
nguyén ham cua f (x) théaman F(0)=2, khi d6 F(1) bang
A.-3. B. 1. C. 2 D.7.
Cau 42. Cho khéi chép déu S.ABCD c6 AC =4a, hai mit phang (SAB) va (SCD) vudng goc véi nhau.
Thé tich ciia khbi chop da cho bang
A.%as. B.ﬂa3. C.16a°. D..
3 3 3
Cau 43. Trén tap hop cac sb phire, xét phuong trinh 2% —2mz +8m—12 = 0(m 1a tham sé thyc). C6 bao
nhiéu gia tri nguyén ciia m dé phuong trinh d6 ¢6 hai nghiém phan biét z,, z, théa man |z,|=|z,| ?
A.b5. B. 6. C.3. D. 4.
Cau 44. Goi S latap hop tat ca cac sb phirc z sao cho sé phiuc w = ﬁ ¢6 phan thyc bang % Xét cac
z2|-z

sb phic z,,z, €S thoa méan |z,—z,|=2, gid tri lon nhét cua P =|z, —5i° —|z, - 5i[* bang
A.16. B. 20. C. 10. D. 32.
Cau 45. Chohamso f (x)=3x"+ax®+bx* +cx+d(a,b,c,d € R) c6 ba diém cuc tri 1a —2,-1 va 1. Goi

y =g (x) la ham s6 béc hai c6 d6 thi di qua ba diém cuc trj cia do thi ham s6 y = f (x). Dién tich hinh phang
gi¢i han boi hai duong y = f (x) va y=g(x) bang

A0 B.3 c.293%2 p. 2948
81 5 405 405
Cau 46. Trong khong gian Oxyz , cho diém A(—4;-3;3) va mat phang (P):x+y+z=0. Duong thing di

qua A, cit truc Oz vasong song véi (P) cé phuong trinh 1a:

x-4 y-3 z-3 X+4 y+3 7-3

A B
4 3 ~7 4 3 1
C.x+4=y+3=z—3_ D.x+8:y+6=z—10.
—4 3 1 4 3 7
Cau 47. Cho khéi non dinh S ¢6 ban kinh ddy bang 2+/3a. Goi A va B 1a hai diém thudc duong tron

d4y sao cho AB = 4a. Biét khoang cach tir tim ctia day dén mat phang (SAB) bang 2a, thé tich cua khdi non
da cho bang

A %mﬁ. B.4\67a". C. %ms. D.8\/27a’.
Cau 48. C6 bao nhiéu s nguyén a sao cho g véi mdi @, ton tai it nhat bén sé nguyén b e (-12;12)

thoa man 4%+ <32 41 65 ?
A. 4. B.6. C.5. D. 7.
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Cau 49. Trong khong gian Oxyz , cho mat cau (S): (x—4)* +(y+3)* +(z+6)> =50 va dudng thang
d :g = y%Z = 2—13 C6 bao nhiéu diém M thudc truc hoanh, véi hoanh do 1a sb nguyén, matir M ké duoc
dén (S) hai tiép tuyén cung vudng goc véi d ?
A. 29. B. 33. C. 55. D. 28.
Cau 50. Chohamso y = f (x) c6 dao ham I3 f'(x)=x*+10x,vx € R. C6 bao nhiéu gia tri nguyén cua
tham s6 m déhamsé y = f (x4 —8x% + m) c6 dng 9 diém cuec tri?
A. 16. B. 9. C. 15. D. 10.
--------------------- 3] O ESSS——
‘ , . DEO02
Cau 1: Tap hop M ¢ 12 phan tir. SO tdp con gom 2 phan tir cia M 12
A. 12% B. C2. C. A). D. A
Cau 2: Cho cap so cong (u,) ¢o u, =-12 va u,, =18. Gia tri cong sai cua cap s6 cong d6 la
A d=4. 7 B.d=-3. C.d=3 7 D.d=-2.
Cau 3: Cho duong thang a song song véi mét phang (P). Co bao nhiéu mat phang chua a va vudng goc véi (P)?
A. Khdng cé B. C6 mét C.Co Vb so D. C6 mot hoac vo so
Cau 4: Cho ham s f (x) c6 bang bién thién nhu hinh vé.
X —o0 1 3 +00
f'(x) + 0 - 0 +
t(x)

Diém cuc dai cua ham s da cho la:

A x=-3. B. x=3. C. x=-1 D. x=1.
CAu 5: Tiém cén ngang ctia do thi ham sd y:2Xle I1a
1
A y=-1. B. y=1 C. y:E. D.y=2

Cau 6: D6 thi ciia ham s6 nao dudi day c6 dang nhu dudng cong trong hinh bén?

A y=—x"+2x B. y=x*-2x+1.
C. y=x"-3x+1. D. y=—x*+3x+1.
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CAu 7: Cho ham s bac bbn y = f (x) c6 dd thi la dudng cong trong hinh bén.

Voa

-2 2 X
Ao s . 1.,
S6 nghiém cua phuong trinh f ()= - la
A. 2. B. 3. C. 4. D. x=1.
Cau 8: Cho hai s6 phitc z, =5i va z, =2020+i. Phan thyc ctia s6 z,z, bang
A. 5. B. 5. C. -10100. D. 10100.
1
Cau 9: j e*dx bing
0
A. e —e. B. 1(e“+e). C.e'—e D. l(e“—e).
3 3
Cau 10: Trong khong gian véi hé toa do Oxyz, cho mat phang (P):x—2y+z—-5=0. Diém nao duéi day thudc
(P)?
A. M (LL6). B. N(-5;0;0). C. P(0;0-5). D. Q(2-15).

Cau 11: Cho hinh hop ABCD.EFGH. Goi |, J lan luot 14 tdm cua hinh binh hanh ABCD va EFGH. Khing
dinh nao sau day la sai?

A. (ABCD) // (EFGH). B. (ABJ) // (GHI).
C. (ACGE) // (BDHF). D. (ABFE) // (DCGH).
Cau 12: Cho khdi chdp c6 dién tich day B =6a® va chiéu cao h = 2a. Thé tich khdi chop di cho bang:
A.12a°%, B. 2a°. C. 4a°. D. 6a°.
Cau 13: Trong cac khang dinh sau, khang dinh nao sai?
e+l
A.Ildx:ln|x|+C. B. Ixedx: X _.,c.
X e+l
e>(+1 1
C. J.exdx: +C. D. Icostdx:—sin 2x+C.
X+1 2
Céau 14: Trong khong gian Oxyz, cho a=(-2;2;0),b=(2;2;0),c=(22;2). Gia trj cita ‘5+5+E‘ bing
A.2:/6. B. 11. C. 2J11. D. 6.
Cau 15: Phuong trinh 3° 2 =1 c6 nghiém 1a
A.Xx=0;x=2. B. x=-1x=3. C. x=0;x=-2. D. x=1x=-3.

. ] . . . B x-3 y+1 z-5 N ,
Cau 16: Trong khoéng gian Oxyz, cho duwong thang d : = > = . Vecto sau day la mdt vecto chi
phuong ctia dudng thiang d?

A. u, =(L-23). B. u, =(-2,-4:6).
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C. u;=(2,6,4). D. u, =(3-15).
CAu 17: Trog mat phang Oxy, sb phitc z =—-2+4i duoc biéu dién boi diém nao trong cac diém ¢ hinh v& dudi
day?

y
LS T— 4
9
As
—4 -2 0 2 4 x
.} ................. 'D
B
A. biém C. B. Diém D. C.Dbiém A D. biém B.
1 3 3
Cau 18: Cho ham s6 f (x) lién tuc trén R va thoa man | f (x)dx=2;[ f (x)dx=6. Tinh I = f (x)dx.
0 1 0
A. 1=8 ‘ B. I =12. C. =4 ’ _ D. 1=36.
Cau 19: Khbi nén c6 chiéu cao h=4 va duong kinh day bang 6. Thé tich khoi nén bang
A. 127 ’ B. 144r. C. 48r. ’ D. 247.
Cau 20: Cho khoi hop hinh chir nhat c6 ba kich thude 2;4;6. Thé tich ctia khoi hop da cho bang
A.8. B. 16. C. 48. D. 12.
Cau 21: Cho hai s6 phirc z, =1-2i va z, = 2+i. Sé phtic z, +2, bang
A. -3-1. B. 3+1. C. 3-i. D. -3+i.

Cau 22: Trong khong gian Oxyz, cho mit cau (S):x*+y®+2° —4x+2y—6z+1=0.Toado tdm | cua mit cau
la

A. 1(4,-2;6). B. 1(2-13). C. 1(—4;2,-6). D. 1(-2;1;,-3).
Cau 23: Cho ham s6 y = f (x) c6 bang bién thién nhu sau:

X' —00 -1 0 1 +00

y' + 0 — - 0 +

y +00 +00

N N

Ham sb nghich bién trong khoang niao?

A. (0;1). B. (-11). C. (4;+0). D. (-;2).
Cau 24: Nghiém cta phuong trinh log, (x+9) =5 la

A. x=41. B. x=16. C. x=23. D. x=1.
Céau 25: Cho x,y>0 va a, f € R. Khang dinh nao sau day sai ?

A. (x“)ﬂ=x“ﬂ. B. X +y“ =(x+y)".

C. x“x =x**7, D. (xy)" =x“.y“.

CAau 26: Cho hinh try ¢6 ban kinh day r =2 va chiéu cao h =5. Dién tich xung quanh ctia hinh try da cho bang
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A. 28r. B. 20. C. 107x. D. 20r.

Cau 27: Trong khong gian Oxyz, cho cac diém A(L0;2),B(12;1),C(3;2;0) va D(L1;3). Duong thang di qua
A va vudng géc voi mit phing (BCD) c6 phuong trinh 1a

x=1-t X=1+t x=1-t X=2+t
A Jy=4 . B.iy=4 . C.iy=2-4t. D. s y=4+4t.
1=2+2t z2=2+2t 2=2-2t 2=4+2t
. a\/§+1a27\/§
Céu 28: Rut gon biéu thirc P :'—V,_ véi a>0.
(aﬁiz) 2+2
A P=a". B P=a’. C.P=a. D. P=a.
Cau 29: Choj X)dx = 2va_[g X)dx =5. Tmhj )-2g(x))dx.
A. 8. B 12. C 1. D. -3.
Cau 30: Cho f(x)=3x*+(1—2m)x+2m véi m la tham sb. Tim m dé F(x) 1a mot nguyén ham cua f(x) va
F(O) =3 F@)=-3
Am=-2 B.m=22, c.om=-2 D.m=—1.
2 2 2 2

Cau 31: Nghiém ctia bat phurong trinh log? x > log, §+ 41a:

A. x>0. B. x>4. C.O<xs%. D. (O;ﬂu[4;+oo).

Cau 32: Mot em bé c6 bd 6 thé chit, trén moi thé c6 ghi mot chir cai, trong d6 c6 3 thé chit T, mot thé chir N, mot
thé chit H va mot thé chit P. Em bé dé xép ngau nhién 6 thé d6 thanh mot hang ngang. Tinh x4c suat em bé xép

dugc thanh day TNTHPT.
A L B L. c.l D. L.
120 720 6 20
Cau 33: Tinh I(x—sin 2x) dx.
2
A. x2+C052X+C. B. X—+C082X+C.
2 2
x? x?
C. ?+coszx+C. D. ?+sin x+C.

Cau 34: Cho s6 phirc z théa man diéu kién (1+i)z—1-3i =0. Tim phan ao ciia 6 phitc W=1-iz+z.
A. 1. B. —i. C.2. D. -2i.
Cau 35: Trong khong gian Oxyz, cho hai diém 1(L11) va A(L2;3). Phuong trinh mat cau c6 tam | va di qua
A la
A. (x+1)2+(y+1)2+(z+1)2:29. B
C. (x-1)"+(y-1)°"+(z-1)° =5. D.

—_
[ERN
~
N
+
—_
<
+
[N
~
N
+
—~~
N
+
[N
~—
[N}
I
(6]

2x°-3x-7
Cau 36: S6 nghiém nguyén cia bat phuong trinh (éj >3 Ja

A 7. B. 6. C. vo sb. D. 8.
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nghich bién trén khoang nao duéi day?

Cau 37: Him s6 y = 22
3x°+1
A. (—1;1). B. (—oo;O). C. (—oo;+oo). D. (0;+oo).
Cau 38: Cho ham s6 f(x). Biét ham sb f'(x) c6 do thi nhu hinh duéi ddy. Trén [-4;3], ham sé
g(x)=2f (x)+(1—x)” dat gi4 tri nh6 nhét tai diém nao?

A

o )
) 8

- )

=

A x=-1 B. x=3. C. x=-4. D. x=-3.
Cau 39: Nguoi ta mudn xay bé chira nude dang hinh hop chit nhat khong nép c6 thé tich 200 m®. Pay bé 1a hinh
chir nhat c6 chiéu dai gip do6i chidu rong. Gia thué cong nhan xay bé la 300.000 dong/m?. Chi phi thué cong
nhan thip nhét la ‘ ‘ ‘

A. 36 tri¢u dong. B. 51 triéu dong. C. 75 triéu dong. D. 46 tri¢u dong.
Cau 40: Trong khéng gian Oxyz, duong thang di qua diém M(12;2), song song véi mit phing
x-1 y-2 z-3

(P):x—y+2z+3=0 dong thoi cit dudng thang d : ¢6 phuong trinh 1a

1 1
X=1-t X=1+t X=1-t Xx=1-t
A Jy=2+t. B.jy=2-t. C.qy=2-t. D.qy=2-t
z2=2 2=2 z=2-t 2=2
CAau 41: Cho s6 phitc z=a+bi(a,be R) thoa mén |z|=1. Tim gia tri 16n nhat cta biéu thac A= |z+2]+2|z-2|.
A.104/2. B.7 C.10 D.52

Cau 42: Cho ham sb f (x) xac dinh va c6 dao ham f '(x) lién tuc trén doan [l' 3] va f(x)#0 voimoi xe[1;3]
2

ddng thoi () +(1+ T (x))" =| (F (x)) (x-1)| va f(1)=-L Biétring j X)dx=aln3-+b,a,beZ Tinh

tong S =a+b’

A.S=-1. B.S=2 C.S=0. D.S=-4.
Cau 43: Co6 bao nhiéu bd (x;y) voi x,y nguyén va 1<x,y<2020 théa mén

(xy+2x+4y+8)|og3( 2y2] (2x+3y—xy— 6)Iog2(2x+1]

y+
A. 4034. B.2. C.2017. D. 2017 x2020.

Cau 44: Pudng cong y = X* —2m?x? +1 ¢6 ba diém cuc tri A,B,C Iap thanh mot tam giac déu. Gia trj cua m la:
A. +43. B. +§/3. C. +¥2. D. +3/7.
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Cau 45: Cho hinh chép S.ABC c6 day ABC 1a tam giac déu, SAL(ABC). Mat phing (SBC) cach A mot

khoang bang a va hop véi mit phiang (ABC) goc 30°. Thé tich cuia khdi chép S.ABC bang

3 3 3 3
A% AL . c i p. 88
9 12 9 3

Cau 46: Cho ham s6 f (x) lién tuc trén R, co dd thi nhu hinh vé.

C6 tat ca bao nhiéu gié tri nguyén ctia tham s a dé ham sé y = ‘ f ( 28 X 1) + a—l‘ c6 gia tri 16n nhat khong vuot
X2 +
qua 20?
A. 41 B. 31. C. 35. D. 29.

Cau 47: Cho f(x) 1a ham da thirc bac 3 c6 dd thi nhu hinh v&. Tiép tuyén ctia d6 thi ham s0 tai diéem M c6
hoanh do bang —2 cit d6 thi tai diém thir hai N (1) cit Ox tai diém c6 hoanh do bang 4. Biét dién tich phan

1
gach chéo 1a % Tich phan j f (x)dx bang
-1

N B. = ¢ p. L
18 6 9 3

Creen 2o, (2]x-m]|+2) c6 ding ba

X —2x+3

CAu 48: Tong tat ca cac gia tri cia tham s6 m dé phuong trinh 3
nghiém phén biét la

A.3 B.0 C.2 D.1
Cau 49: Cho céc sd phitc z, =1+3i,z, =-5-3i. Tim diém M (x;y) biéu dién s6 phirc z;, biét ring trong mét
phang phirc diém M nam trén duong thang X—2y+1=0 va mo6 dun s phiac W =3z, —z, — 2z, dat gi4 tri nho
nhat.

A.M(g;lj B.M(—g;—l) C.M(g;—lj D. M(—g;lj
5'5 5" 5 5 5 5'5
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Cau 50: Trong khdng gian Oxyz, cho ba diém A(2;-2;4),B(-3;3;-1),C(-L-L-1) va mat phang

(P):2x—y+2z+8=0. Xét diém M thay d6i thuc (P), tim gid tri nhé nhat cia biéu thic
T =2MA? + MB? - MC?.
A. 102 B. 35 C. 105 D. 30
---------------- HET -------nnnnnne-
PE 03
Caul. Tumotnhom hoc sinh gém 5 nam va 8 ni, cé bao nhiéu cach chon ra hai hoc sinh?
A. Ck. B. A. C. 13. D. CZ+C. minP =8,
Cau2. Chocapsbnhan (u,),biét u, =1;u, =64. Tinh cong boi g ciia cap s6 nhan.
A. q=21. B.q=14. C.q=4. D. q=22.
Cau3. Chohamséd y= f(x) co bang bién thién nhu sau:
X —o0 -1 3 +o0
V' + 0 - 0 +

Cau 4.

Cau 5.

Cau 6.

Cau 7.

Cau 8.

Cau 9.

Cau 10.

v B / ° \726 /

Ham s6 da cho nghich bién trén khoang nao dudi day?
A. (—;-1). B. (-14). C. (-132). D. (3;+0).
Chohamsé y=f (x) c6 bang bién thién nhu sau:

—o0 —1 1 +oo

X
S(x) — 0 + 0 _

e | T~ e —

4 —oo

biém cuc dai cua ham sd di cho la:
A. x=1. B. x=0. C. x=-4. D. x=-1.
Cho ham s6 y = f(x) lién tuc trén R va c6 bang xét dau cia dao ham nhu hinh vé.

x ‘—oo -1 0 2 4 400
f’(g:)‘ +0 -] + o - o0 +
Ham s f (X) c6 bao nhiéu diém cyc tri? A.4. B.1. C.2.D.3.
Tiém can dang ciia dd thi ham sé y=3x+24 1a duong thing:
A . x=2. B.x=-2. C.x=3. D. x=-3.

D6 thi ciia ham s6 nao dudi day cé dang nhu dudng cong trong hinh bén?
A Y="X+2¢+1 g y=-x"-3x+1

C.y=x>-3x*+1. D.y=x"'-2x*+1.

Db thi ham sb y :XLi cit truc hoanh tai diém c6 hoanh do bang / l \ )
X — ]

A x=1. B. x=-5. C. x=5. D. x=-1.

V6i a va b la cac sb thye duong va a=1. Biéu thic log, (a’b) bing

A. 2-log,b. B. 2+log, b. C.1+2log,b. D. 2log, b.

N ” N 4 2 s
Dao ham ciahamso y=2" la

80



Céu 11.

Cau 12.

Cau 13.

Céu 14.

Cau 15.

Cau 16.

Cau 17.

Cau 18.
Cau 19.

Cau 20.

Céau 21.

Céau 22.
Céau 23.

Céau 24.

Cau 25.

Cau 26.
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Ay = le]lz B.y=x2"‘In2. C.y=2In2". D.y= Xl'rzlzx.

Cho a 1a sb thuc duong. Gid tri ciia biéu thic P=a§\/§

A. ag. B. a°. C. ag. D. a%.

Nghiém cua phuong trinh 2 =16 la

A. x=3. B. x=4. C. x=T. D. x=8.

Nghiém cua phuong trinh log, x+1 :% la

A X=2. B. x=—4. C. x=4. D.x:%.

Cho ham sé f (x)=4x®+sin3x. Trong cac khang dinh sau, khang dinh nao ding

A. jf(x)dx=x4—%0053x+c. B. jf(x)dx=x4+%cos3x+c.

C. I f (x)dx = x* —3cos3x+C. D. _[ f (x)dx = x* +3cos3x+C.

Chohamsé f (x)=3x*+e". Trong cac khing dinh sau, khang dinh nao ding

A. jf(x)dx:6x+eX+c. B. jf(x)dx:x3+eX+c.

C. If(x)dx:Gx—ex+C. D. _[f(x)dx:xs—eX+C.

Cho | :_Z[f(x)dx=3.Khidé J =j[4f(x)—3]dxbéng A 2. B.6. C.8. D.4.
0 0

2
Tich phan |=j(2x+1)dxbéng A 1=5. B.1=6. C.1=2. D.I1=4.

0
Mo dun cua s phic z=3+4i la A 4. B.7. C. 3. D.5.
Cho hai s phtic z, =1+ 2i va z, =2-3i. Phan 4o ciia s phuc lién hop z =3z, — 2z, .
A. 12., B.q -12. C 1. i ) D. -1. i
Cho s6 phiic z=1-2i . Piém nao duéi day la diém biéu dién cua s6 phuc w =iz trén mat phang toa
d? A Q(L2).  B.N(21). C.M(L-2). D.P(-21).
Mot khdi chop tam giac c6 dién tich day bang 4 va chiéu cao bang 3. Thé tich cua khéi chop d6 bang
A.8 B. 4. C.12. D. 24

4

Thé tich caa khdi cau cé duong kinh 6 bang A. 36z B. 27r. C. 288r. D. 37
Cong thuc tinh dién tich toan phan ciia hinh nén c¢6 ban kinh day r va duong sinh | 1a:
A. S, =nrr?+zxrl B. S,=2xr+zrl  C. S, =2xrl D. S, =xr?+2xr.
MGt hinh lap phuong ¢6 canh 1 4, mot hinh tru c6 day noi tiép day hinh 1ap phuong chiéu cao bang
chiéu cao hinh hinh lap phuong. Dién tich xung quanh cua hinh tru d6 bang
A Ar+4 B. 8x. C. 4r* +4r D. 167
Trong khang gian OYZ: cho hai diém AL:2:3) va BGI4i=1) vec to AB c6 toa do 1a
A. (2;2;2) B. (2;2;-4) C. (2;2;-2) D. (2;3;1)
. ) 2 2 —
Trong khong gian @2 mat cau (8) X +Y +2°=2X-4y+22=1 4 am |3
A. (2;4;,-2) B. (1;2;1) C. 1;2;-) D. (-1;,-2;1)
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Cau 27.

Céu 28.

Céu 29.

Céau 30.

Cau 31.

Cau 32.

Cau 33.

Céu 34.

Céau 35.

¥

B

Cau 36.

Céau 37.

Cau 38.
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Trong khéng gianOxyz , mat phang nao dudi day di qua diem M(1;—2;1) va c6 véc to phap tuyén

A=(1;2;3) lax A (R):3x+2y+z=0. B. (P,):x+2y+3z-1=0.

C.(R):x+2y+3z=0. D.(P,):x+2y+3z-1=0.
Trong khong gian Oxyz , vecto nao dudi ddy 1a mot vecto chi phuong ciia duong thing AB biét toa do
diém A(1;2;3) vatoa do diém B(3;2;1)?

A G =(1;1;0) B. U,=(1;-2;1) C. U;=(1,0;-1). D. U, =(1;3;1)
Chon ngau nhién mot quan bai trong bo bai tdy 52 quan. Xac suat dé chon dwoc mot quan 2 bang:
AL B. - c. L. D. L.
26 , 52 ’ 13 4

Ham s6 nao dudi day nghich bién trén R?

:2X+21. B. y=—x*+2X C.y=-X+x*-x. D.y=-x"-3x"+2

X_

Goi M va m lan lugt la gid tri 16n nhét va gia tri nhé nhéat cua ham s6 y = x* + 2x* —3 trén doan [-1;2]
. Tong M +mbang A. 21. B. -3 C.18 D.15.
Tap nghiém cta bat phuong trinh 22 <813
RGN B. [-1:1]. C. [L;+e0). D. (—o0;-1]

2 2
Néu I[f (x)—xJdx =1 thi jf(x)dxbéng Al B. 3.C.2. D. 4,

0 0

Cho sé phtrc z =1+ 2i . Mddun cua s6 phuc (1+i)z bang

A .10 B.5 C. 10 D. 5

Cho hinh hép chit nhat ABCD.A'B'C'D'cé day la hinh vuong, AB =1, AA'= JE (tham khao hinh vg).
Gac giita dudng thang CA'va mat phang (ABCD) bang

A, 30° B. 45° c. 60° D. 90°
Cho hinh chép tir giac déu S.ABCD c6 do dai canh day bang 4 va d6 dai canh bén bang 5 (tham khao
hinh v&). Khoang céch tir s dén mat phang (ABCD) bang

AN21 B.1 cC. 17 D. 3
Trong khdng gian Oxyz , mt cau c6 tam tai géc toa do va di qua diem A(0;3;0) ¢ phuong trinh la:
A xXP+y*+27°=3 B. X’ +y*+2°=9
C. x2+(y—3)2+22:3 D. x2+(y—3)2+22:9
Trong khong gian Oxyz , duong thang di qua hai diém A(2;3;-1),B(1;-1;2)c6 phuong trinh tham
s la:
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X=2-t X=2+t x=1+2t
A < y=3-4t B.{y=3-t C.qy=-1+3t D.Jy=3-2t
z=-1+3t z=-1+2t z=2-t z=-1+t
Cau 39. Cho ham s f(x)co dao ham trén Rva ham s6 y=f'(x) c¢6 dd thi nhu hinh v&. Dat ham sé
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X=2+3t

g(x) = f(2x-1)—2x+1. Gia trj 16n nhat ciia ham s g(x)trén doan [0;1]bang

| \
20 —10|\1/2 =
(LAY
-1
A f(O)-1 g f(D+1 o fﬁlj_l f(0)
2) 2
Cau 40. Sb gia tri nguyén duong ctia y dé bat phuong trinh 3% —3* (3”2 +1)+3y <0 c¢6 khdéng qua 30
nghiém nguyén X la A. 28 B.29 C. 30 D. 31
Cau4l. Chohamsd f(x) c6 dao ham lién tuc trén doan [1;2] vathéa mén f(1)=-= va
f () +xF'(X) =(2X° +x°) £2(x), ¥x €[1;2]. Gi trj cua tich phan Ilzxf(x)dx bing
A. Inﬂ. B. Ing. C. In3. D. 0.
3 4
Cau 42. Cho sb phic Z=a+bi thoaman (Z+1+D)(Z-D)+31=9 4 |Z|>2 1jph P=a+b,
A. -3. B.-1. C.1. D. 2.
Cau 43. Cho ling try ding ABC.A'B'C’ c¢6 day ABC la tam giac vubng can tai B véi BC =a biét mat phang
(A'BC) hop véi day (ABC) mot goc 60° (tham khao hinh bén).Tinh thé tich lang tru ABC.A'B'C’.

3 3 3
a’\3 B.a‘/g.c.asﬁ. D.af.

A. >
Cau 44. Phan khong gian bén trong caa chai nudc ngot ¢ hinh dang nhu hinh bén




Céu 45.

Céau 46.

Cau 47.

Cau 48.

~ TRUONG THPT LE HONG PHONG-TAI LIEU LUYEN THI MON TOAN LOP 12 »
Bict ban kinh day bang R =5cm, ban kinh ¢6 ---r = 2cm, AB =3cm, BC =6cm,CD =16cm. Thé tich
phan khong gian bén trong cua chai nudc ngot d6 bang

M :
it :
UJ'I L
(*- ---------------- ((

R
o
I

A. 4957 (cm?). B. 4627 (cm®). C. 4907 (cm®). D. 4127(cm?).
Trong khong gian Oxyz, cho duong thangA: XTH' = ll = 2;22 va mat phang (P): x+y—z+1=0.
Pudng thang nam trong mit phang (P) ddng thoi cat va vudng goc véi A cé phuong trinh 14
X=-1+t X=3+t X =3+t X=3+2t
A ly=-4t . B. {y=-2+4t. C.{y=-2-4t. D. {y=-2+6t.
z=-3t z2=2+t 2=2-3t 2=2+t
Cho ham s6 f (x) 1a ham s6 bac ba c6 d6 thi nhu hinh v& duéi ddy, Goi m,n 1a sb diém cyc dai, s

diém cuc tiéu cua ham sé g(x) =‘ f2(x)-3f (x)‘ Pat T =n" hdy chon ménh dé dang?

A. T (080). B. Te(80;500).  C.Te(500;1000). D. T (1000;2000).
, o [@eer _gzniel | 9020x — 2020 < 0 \ N
Cho hé bat phuong trinh (m la tham so). Goi S la tap tat ca cac
x> —(m+2)x—-m’+3>0

gi tri nguyén ciia tham s m dé hé bat phuong trinh da cho ¢6 nghiém. Tinh tong cac phan tir cia S .
A. 10. B. 15. C.6. D. 3.

Chohamsé y=f (x)=x"—2x* vaham s6 y=g(x)=x>—m?, v6i 0<m<+/2 la tham s6 thuc. Goi
S.,S,,S,, S, l1adién tich cac mién gach chéo dugc cho trén hinh vé. Ta c6 dién tich S, +S, =S, +S,
tai m,. Chon ménh dé dting.
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N
y

X
Amelz. Bm€27. Cme75 Dm€53.
2 3 36 6 4 4 2
Cau 49. Gia sir z1a s6 phuc théa man [iz—2—i|=3. Gia tri 16n nhat cua biéu thac 2|z—4—i|+|z+5+8i|
dang v/abc . Khi d6 a+b+c bing
A. 6. B. 9. C.12. D. 15.

co

Cau50. Trong khong gian Oxyz, cho mat phang (a): 2x-y+2z-14=0 va qua cau

(S):(x=1)" +(y+2)" +(z+1)° =9. Toado diém H (a;b;c)thudc mat ciu (S)sao cho khoang céch

H dén mat phang (o) 1a 16n nhat. Goi A,B,C lan luot 13 hinh chiéu cia H xudéng mat phang

(Oxy),(Oyz),(Ozx). Goi S la dién tich tam giac ABC, hdy chon ménh dé dung trong cac ménh
sau?
A. S e(0;1). B. Se(1;2). C. Se(2;3). D. Se(3;4).

PE 04
Cau 1. T6 1 cua lop 11A gém 6 ban nam va 4 ban nir. Bé chon mot déi lao dong trong to,
can chon mot ban nit va ba ban nam. S6 cach chon nhu vay la

A. 21. B. 60. C. 40. D. 120.

A A A A , x Uy TU;—Ug = A LA 2 Lo o A A n N
Céau 2. Cho cap so cong (u, ) thoa man U U " Cong thitrc s6 hang tong quat cua cap so cong nay la

s tUg=—

A.u =5-2n. B.u,=2+n. C.u,=3n+2. D. u,=-3n+1.
Céau 3. Tim nghiém cua phuong trinh log, (3x—2)=3.

A.x:g. B.X=E. C.X=E. D.X=E.

3 ) 3 ‘ 3 3

Cau 4. Theé tich khoi lap phuong canh 2a bang

A. 8a°. B. 2a°. C. a’. D. 6a°.

A : . -X |,
Cau 5. Tap xac dinh cuaa ham s6 y =log, 32— la
X

A. D:(3,+OO) :( ; ]
C. D=(—0;0)U(3;+x). =( ;3)
Cau 6. Timh én ham F ha f
au im ho nguyén ham F (x) cuahamsé f(x)= i d
A. F(x):%ln|5x+4|+c. B. F(x)=In[5x+4|+C.

tu

de
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C. F(x):%ln|5x+4|+C. D. F(x):%ln(5x+4)+C.
Cau 7. Cho khéi chop S.ABCD canh bén SA vudng géc véi day, day ABCD la hinh chit nhat, AB=a, AD=2a

, SA=23a. Thé tich cua khéi chop S.ABCD bing
a3

A. 6a°. B. 3 C. 2a°. D. a°.
Cau 8. Cho khéi non c6 ban kinh day r =+/3 va chiéu cao h=4. Tinh thé tich V cua khéi nén da cho.
A.V =1673. B.V =12r. C.V=4. D.V =4r

Cau 9. Thé tich khéi cau c6 ban kinh bang % la

A 72 g, 7 c. & D. za’.
2 4 6
Cau 10. Cho ham s y = x* +3x* —4 ¢6 bang bién thién sau, tim a va b.
X | —o0 —2 0 +00
y' + 0 — 0 +

0 +00
y /v /
a b
A. a=+0; b=2. B.a=-w; b=-4. C. zh‘:l. D. a=+w0; b=3.

4
Cau 11. Vi a, b 12 hai sé thuc duong tuy ¥, |n% bing

A. 4lIna—Inb+1. B. 4Inb—Ina+1. C. 4lna+Inb-1. D. 4lna+Inb+1.
Cau 12. Cho hinh try c0 ban kinh day bang 5 va chicu cao bang 7. Dién tich xung quanh cua hinh try da cho

bang
A. ? B. 1757 C. 70z. D. 357.
Cau 13. Cho ham s6 y = f (x) c6 bang bién thién nhu hinh v&. Tim sb diém cyc tri cua ham sb.
A. 3. B. 0. C. 1 D. 2.
X | —oo -2 0 2 +00
y' 0 — 0 +

- 0 +
y \ ‘ / ’ N /
Cau 14. buong cong trong hinh vé bén la d6 thi cua ham s6 nao dudi
day? y
2x-1 X+1
y X—1 y X—1

C. y=x"+x*+1. D. y=x>-3x-1.

Cau 15. Choham sé y :2XX—4 . buong tiém can ngang cua do thi ham
+
sb trén la:
A x=-4. B.y=2. C. x=4. D.y:_Tg.
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Cau 16. Tap nghiém cua bat phuong trinh log, (3x +1) <2 la

A. {—%;1). B. [—%%j C. (—%;1}. D. (—o0;1).

Cau 17. Cho ham sé y = f (x) c6 bang bién thién nhu hinh sau

X | —oo -2 0 2 400
y - 0 + 0 - 0 +
+00 1 +00
| y \_2 / 5 /
S6 nghiém thyc cia phuong trinh 2f (x)+3=0 la
A. 4. B. 3. C. 2 D. 1.

2 5 5
Cau 18. Néu _[f(x)dx=3, jf(x)dx:—l thi If(x)dx bang
1 1

2

A. 3. B. 4. C. 2 D.-2.
Cau 19. Cho s6 phuc z théa man Z =3+ 2i. Tim phan thyc va phan ao caa s6 phuc z.
A. Phan thuc bang —3, phan 40 bang 2. B. Phan thuc bang 3, phan ao bang 2.
C. Phan thuc bang 3, phan 4o bang —2. D. Phan thyc bang —3, phan a0 bang —2.
Cau 20. Cho hai s6 phiic z, =3+i, z, =2—i. Tinh gia tri ctia biéu thic P =|z,+2,-7,|.
A. P=85. B. P=5. C. P=50. D. P=10.

Cau 21. Trén mit phang toa d9, tap hop diém biéu dién s6 phirc z thoa man diéu kién |z +2-5i[ =6 1a duong
tron c¢6 tdm 1 va ban kinh R 1an luot 12

A. 1(-2;5) va R=36. B. 1(-2;5) va R=6.
C. 1(2,-5) va R=36. D. 1(2;-5) va R=6.

Cau 22. Trong khong gian Oxyz, cho diém A(-12;3). Hinh chiéu vudng goc cua diém A trén truc Oz la diem
A. Q(-10;3). B. M(0;0;3). C. P(0;2;3). D. N(-1,0;0).

Cau 23. Trong khong gian Oxyx, cho mit cau (S): (x—2)2 +(y+1)2 +(z—1)2 =9. Tim toa do tdm | va ban
kinh R cua mét cau (S).

A. 1(-25-1), R=3.B. I(-21;-1), R=9. C. 1(2,-1,1), R=3. D. I(2,-11), R=9.
Cau 24. Trong khong gian Oxyz, cho mit phang (P): x—2z+1=0. Vecto nao dudi ddy 12 mot vecto phap
tuyén cua (P)?

A. n =(L0;-2). B. n, =(1-21). C.n,=(1-20).  D.n,=(-120).
CAu 25. Trong khong gian Oxyz, cho duong thang d: XT+8 = y—_25 = % Khi d6 véc-to chi phuwong cia duong
thang d c6 toa do la
A. (4,-21). B. (4,2,-1). C. (4-2-1). D. (421).
Cau 26. Cho hinh chép S.ABCD déu c6 SA=SB =a. G6c giita SA va CD la
A. 60°. B. 30°. C. 90°. D. 45°
Cau 27. Cho ham s6 y = f (x) xéc dinh trén R va c6 bang xét dau cua dao ham nhu sau:
X —00 Xl X2 X3 +00
y' - 0 + H _ 0 +
Khi d6 s6 diém cyc tri ciahamsé y = f (x)1a
A. 3. B. 2. C. 4. D. 1.
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Cau 28. Goi M, m la gia tri 16n nhat va gia tri nho nhat caa ham sé f () :£+ x+1 trén doan [1;3]. Tinh

X
M-m.

A. 4. ) B. 9. ) . C. 1 D. 5.
Cau 29. Vai a la so thuc duong bat Ki, ménh d¢ nao dudi day dang?

1
A. log(2018a)=2018loga . B. loga®® =——loga.
g(2018a) J =08 Y
C. Iog(2018a)=ﬁloga. D. loga®® =2018loga .

Cau 30. S6 giao diém caa d6 thi ham sé y = x*—3x+1 va truc Ox bing
A. 2. B. 1. C.3. D. 4.
Cau 31. Tap nghiém cta bat phuong trinh log, (x—1)+log, (11-2x)>0 Ia
3

A. (~014). B. (1:4]. C. (L4). D. {41_21j

Cau 32. Cho hinh lap phuong ABCD.A'B'C'D’ canh a. Tinh dién tich toan phan cua vt tron xoay thu duoc khi
quay tam giac AA'C’ quanh truc AA’.

A ﬁ(\/€+2)az. B. ﬁ(\/§+2)a2. C. 2H(J§+1)a2. D. 2ﬂ(J€+1)a2.

Va

2
Cau 33. Cho tich phan I\/2+cos X -sin xdx. Néu dat t = 2+cosx thi két qua nao sau day dung?
0

A. Izj.\/fdt. B. I:_3[\/t_dt. C. I=2i\/fdt. D. I=Tﬁdt.
3 2 3 0

Cau 34. Thé tich cua khdi tron xoay do hinh phing gisi han bai cac duong y =+/X , truc Ox va hai duong
thang x=1; x =4 khi quay quanh truc hoanh duoc tinh béi cong thirc nao?

4 4 4 4
A.V = 7| xdx B. V = [|V/x|dx. C.V =7z[xdx. D.V =z [/xdx.
1 1 1 1
Cau 35. Cho hai s6 phitc z=6+5i va z'=5—4i+z. Tim mo-dun cua s6 phiac w=2z-7'.
A. |w]=612. B. |w| =61. C. [W|=612. D. [W=6v2.
Cau 36. Goi z, va z, lan luot la nghiém ctia phuong trinh: 2> —2z+5=0. Tinh P = |2,|+|z,|-
A 245, B. 10. C.3. D. 6.
Cau 37. Trong khéng gian Oxyz, mat phang chua truc Ox va di qua diém A(L1L-1) c6 phuong trinh la
A. z+1=0. B. x—y=0. C. x+z=0. D. y+z=0.
X=2+t
Cau 38. Trong khong gian véi hé toa d6 Oxyz, cho dudng thang d ¢ phuong trinh tham sb < y = -3t
z=-1+5t
Phuong trinh chinh tic ciia dudng thang d 1a
A x=2 _Y 2l g os y=z+1. C. x*2 _y_z=t x+2 _y_z71
1’—3 5 i 1‘—3 5 ’ 7—1 3 —5‘
Cau 39. Xép 5 nam va 2 nit vao mét ban dai gom 7 chd ngoi. Tinh xac suat dé 2 nir khdng ngoi canh nhau.
AL B. 2. c.2. D. 2.
7 7 7 7
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Cau 40. Cho hinh chép S.ABCD ¢6 SA L (ABCD) va ABCD la hinh vudng canh 2a, khoang cach C dén (SBD)

2a+/3
3

la

. Tinh khoang cach tir A dén (SCD).

A x=a3. B. 2a. C. x=a2. D. x=3a.
Cau 41. Cho ham s y =—x*—mx* +(4m+9)x+5 (véi m 1a tham s6). C6 bao nhiéu gia tri nguyén cua m dé
ham sé nghich bién trén khoang (—oo; +e0)?

A. 7. B. 6. C.5. D. 8.
Cau 42. Sé lugng ciia mot loai vi khuan X trong phong thi nghiém dugc tinh theo cong thirc x(t)=x(0)-2",
trong d6 x(0) 12 s lugng vi khuan X ban dau, x(t) 1a s luong vi khuan X sau t (phut). Biét sau 2 pht thi s

lwong vi khuan X 12 625 nghin con. Hoi sau bao lau, ké tir lic bat dau, s6 lwong vi khuan X 13 10 triéu con.
A. 7 phat. B. 5 phut. C. 8 phat. D. 6 phdt.
Cau 43. Cho ham sé y = f (x) xéc dinh, lién tuc trén R va c6 bang bién thién nhu sau

X | —o0 -1 3 +00
y' + 0 - 0 +

5
y | /v R . / +00

D4 thi ham s6 y =|f ()| c6 bao nhiéu diém cyc tri?
A. 2. B. 3. C. 4. D. 5.
CAu 44. Cho hinh tru c6 ban kinh day bang a~/2 . Cit hinh tru bai mot mit phang, song song véi tru cua hinh
L . . a e . . g ‘.
tru va cach truc cua hinh tru mét khoang bang > ta dugc thiet dién la mot hinh vuéng. Tinh thé tich V cua khoi

tru da cho.
27ra3ﬁ

A.V =7za’\3. B.V = T C.V =27a%7 . D.V =za’.

1 5
CAau 45. Cho ham s y = f (x) lién tuc trén R thoa man I f(x)dx=3va j f (x)dx=6. Tinh tich phan
0 0

1

= [ f(|3x—2[)dx.
a
A 1=3. B. 1=-2. C.1=4. D. 1=9.
Cau 46. Cho ham s6 y = f (x)=ax® +bx’ +cx+d c6 bang bién thién nhu sau:
X | —o0 0 1 +00
y' + 0 — 0 +
1 +00
y —00 / - 0 /

Khi d6 | (x)|=m c6 bdn nghiém phan bigt x, < x, <X, < % < X, khi va chi khi:

A. O<mx<l. B. 0<m<1. C.%<m<1. D.%£m<1

Cau 47. Cho a,b,c >1. Biét rang biéu thic P =log, (bc)+log, (ac)+4log, (ab) dat gia tri nhé nhat bang m
khi log,c=n. Tinh gidtri m+n.
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A. m+n=14. B. m+n=%. C. m+n=12. D. m+n=10.

Cau 48. Goi S la tap hop tat ca cac gia tri thuc cua tham sé m sao cho gid tri Ion nhét caa ham sé
X% +MX +m
X+1

A. 1l B. 4. C.3. D. 2.
Cau 49. Cho hinh hop ABCD.AB'C'D’ ¢c6 AB=a, B'C’'=a+/5, cac duong thang A'B va B'C’ cling tao voi
mat phiang (ABCD) mét goc 45°, tam giac A’AB vudng tai B, tam giac A'CD vudng tai D. Tinh thé tich V

trén [1;2] bang 2. S6 phan tir cua S la

cua khéi hop ABCD.A'B'C'D’ theo a.

A.V =2a%. B.V

3 3 3
_a c.vza*/g. D.V:a*/g.
3 2 6

Cau 50. C6 bao nhiéu sé nguyén m e (0;2018) dé phuong trinh m+10x =me* ¢6 hai nghiém phan biét?

A 9.

Cau 1.

Céu 2.

Céu 3.

Céau 4.

Céau 5.

Cau 6.

Cau 7.

Cau 8.

B. 2017. C. 2016. ] D. 2007.

PE 05
Do thi ham s6 y = 2X*L

cd tiém can ngang la

1

A.y:—E. B. x=1. C.y=2. D. y=1.
Trong cac ham s6 sau, ham s6 nao nghich bién trén (1;+00)?

A y=x"+x*+1. B. y=log, X. C. y=):(L+i. D. y=2020".
Tinh dién tich hinh phang gisi han béi cac duong y=x>+2, y=x, x=0, x=2.

A. g (dvdr). B. 8 (dvdt). C. ? (dvdt). D. % (dvdr).

3
Tim tap x4c dinh ciia ham s6 y = (x* —3x+2)2.
A. (—0;1)U(2;+0). B. (-o1]u[2+x). C.(L2). D. [£2].
Viét cong thirc tinh thé tich khdi tron xoay tao thanh khi quay quanh truc hoanh hinh phang H gioi
han boi cdc duong x=a, x=b, y=0, y=f(x) trong d6 y= f(x) la ham s6 lién tyc trén doan

[a;h].
A. ﬂZZfz(x)dx. B.V:;zj:fz(x)dx. C. [ﬂif(x)dsz. D. ﬁf(x)dx}z.

a

Trong khong gian voi hé truc toa d6 Oxyz, xac dinh toa d6 thm | cua mat cau
(S):x*+y*+2°—4x+2y-82=0.
A. 1(-25-4). B. 1(—4;2;-8). C. 1(2-14). D. 1(4,-2;8).

Trong khdng gian véi hé truc toa &6 Oxyz , cho mit phang (P):2x+3y —z+1=0. Diém nao dudi day
khdng thudc mat phang (P)?

A B(L,2;-8). B.C(-1-2-7).  C. A(0;0:1). D. D(15;18).

Cho sb phic z =2 +11i . Xéc dinh phan thuc cua z.
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Cau 9.

Céu 10.

Céu 11.

Cau 12.

Cau 13.

Céu 14.

Céu 15.

Céau 16.

Cau 17.

Cau 18.

Céau 19.

Cau 20.

Cau 21.

Cau 22.
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A 2-11. B. 11. C.1%. D. 2.
S6 nghiém cua phuong trinh log(x+1)=log  (x+4) la
A. V0 sb. B. 1. C.0. D. 2.

Cho @, b 14 cac sé duong va log, x = 2log, a+%|og2 b. Biéu thi X theo lily thira cua @va b

1 1 1

A. x=ab?. B. x=a%3. C. x=a%/2. D. x=a23b .

S4 cac sb tu nhién c6 4 chix s6 d6i mot khac nhau l1a

A. AL B. AL -A. C. A. D. C; —Cs.

20

Tim s6 hang khong chira X trong khai trién nhi thic (Sx3 +gj ,x=0.
X

A. C;.3°.2". B. Cyo.2". C. 3.2°. D. Ck.

Chohamsé f (x)=x*+sinx+1. Biét F(x) lamot nguyén ham cua f (x) va F(0)=1. Tim F(x).
3
X

A. F(x)=x>-cosx+x+2. B. F(x):§+cosx+x.

X3 x>
C. F(x):?—cosx+x+2. D. F(x):?—cosx+2.

Cho ham sé y =2x*—x* —3x+2. S6 diém cyc tri caa ham s6 1a
A 2. B. 3. C.0. D. 1.
Cho hinh chép s.ABCD c6 day ABCD Ia hinh chir nhat, AB=2, AD =4; SA vubng gbc v4i mat
phang day va SA=6. Tinh thé tich caa khdi chop.
A. 8. B. 16. C. 24. D. 48.
Tinh dao ham caa ham sé y = 2¥ .
A Y= (x2 +1).2Xz . B.y=x22In2. C.y=2"lIn2. D y=2"

Trong c4c ménh dé sau, ménh dé nao sai?

A. J'f’(x)dx:f(x)+C. B. Icosxdx:sinx+c.
a+l
C. J.x“dx: X +C,Va =-1. D. _[axdx:ax Ina+C (O<a;t1).
a+1

Trong khong gian véi hé truc toa o Oxyz , cho M (2;5;6). Xac dinh toa do M’ 13 hinh chiéu ciia M
Ién truc Oz.
A. M'(0;5;6). B. M'(0;5;0). C. M’(0;0;6). D. M'(2;0;0).

. 1
Cholog,5=a. Tinh log,,, e theo a.

A. —la. B. la. C. i D. —i.
2 2 2a 2a
Cho z=3+5i. Tinh [2].
A. 8. B. 8. C. 34. D. /34,
Viét cong thic tinh dién tich xung quanh caa hinh tru c6 duong cao h, ban kinh duong tron day R .
A. S, = 7R’h. B. S,, =27h. C. S,, =2zRh. D. S,, =2Rh.
Viét phuong trinh tiép tuyén cia do thi ham s6 y = x> —2x+3 tai M (2;7).
A. y=10x-27. B. y=10x-13. C.y=7x-7. D. y=x+5.
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Céau 23.

Céu 24.

Cau 25.

Céau 26.

Cau 27.

Céau 28.

Céau 29.

Cau 30.

Céau 31.

TRUONG THPT LE HONG PHONG-TAI LIEU LUYEN THI MON TOAN LOP 12
Hinh lang tru t&r giac déu c6 bao nhiéu mat Ia hinh chir nhat?

A 4. B. 8. C. 6. D. 2.
Cho hai s6 phic 2 =172 2, =2+61 5, 2,7,
A. -10+2i. B. 2-12i. C. 14-10i. D.14+2i.
Cho ham s6 y = f (x) c6 bang bién thién nhu sau
x -0 2 3 +00
f'(x) - 0 + 0 -

f(x) +o0 \ | / 2 \ -

Khang dinh nao sau day 1a dung?
A. Ham s6 nghich bién trén khoang (—o0;3) U (3;+).

B. Ham s6 nghich bién trén khoang (—o0; 2] [3;+00).

C. Ham sb ddng bién trén doan [—1; 2].
D. Ham s6 dong bién trén khoang (2%)

Trong khong gian véi hé truc toa dd Oxyz , cho mat phang (P): x+2y—2z+5=0 vadiém M (0;2;4)
.Tinh d(M,(P)).
Al B. L. c. 2. D. 2.

3 9 9 3
Cho hinh chép S.ABC c6 tam giac ABC vudng tai A, AB=2a, AC =3a, SA vudng goc véi (ABC)
, SA=5a. Tinh ban kinh R ctia mit cau ngoai tiép hinh chép S.ABC.

A.R:a438. B. R=av38. C. R=+/38. D.R:a238.

Trong khéng gian véi hé truc toa d6 Oxyz, xac dinh toa do giao diém M cua duong thing
; X;rl: y;1: Z_+45 véi mat phang (P):2x—y+z+11=0.

A. M (-1;1;-5). B. M(—4;0;-3). C. M(1;4;-9). D. M (0;0;-11).

Cho hinh chép S.ABC ¢6 SA vudng géc véi mat phing (ABC). Tam gidc ABC déu canh bing a+/3
, tam giac SAC can. Tinh khoang cach h tir A dén (SBC).

A

A h=32 B h=3Y3 c. L. D. h=2Y3
J7 4 J7 7

Thiét dién qua truc cua mot hinh nén 1a tam giac déu canh bang 2. Tinh thé tich khdi non.

A.VZ?ﬂ'. B.Vz%. C.Vz%. D.V=§7Z’.

Cho ham s6 y= f(x) lién tuc trén R c6 d6 thi nhu hinh v&. Biét H, c6 dién tich bang 7 (dvdt), H,
c6 dién tich bang 3 (dvdt).
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Cau 32.

Céau 33.

Céau 34.

Cau 35.

TRUONG THPT LE HONG PHONG-TAI LIEU LUYEN THI MON TOAN LOP 12

u

-1
Tinh | = j(2x+6)f(x2+6x+7)dx
-2

A 11

(dvdt).
2+3i

Cho z= -
4

+ 21

B. 4 (dvdt).

l/ 9] 1W

[

C. 1 (dvd).

Xac dinh sé phic lién hop z cua z.

B.z=

7 2.

10 5°

5y

D. 10 (dvdt).

Xx=1+2t

Trong khdng gian véi hé truc toa dd Oxyz , cho dudng thang d<{y=1-t ;teR.Puongthang d cb

mot vec to chi phuong la
A 0=(213).

Tap nghiém cua bt phuong trinh 15.25" —34.15* +15.9* >0 la

B. 0=(2-13).

A. (o -1]u[Le).  B. {

§.§}
5'3|

C.0=(315).

C. [-11].

Trong cac ham s6 sau, ham sé nao c6 do thi nhu hinh v& bén?

A y=x+x*—x+1.

y

L

z=5+3t

D. Ui =(-2-13).

[

—— |

B. y:\/;.

o

—

_x+1

C.y=—=.
y X—2

D. y=log, x.

5

3

).

Cau 36. Tim m dédothi hamsd y=x>—(m+2)x*+(m+5)x—4 c6 hai diém cuc tri nam khac phia véi truc
hoanh.
m=4

A.{

m>3 .
m< -5

6|

m>3
m<-5

C. m>3.

D. m#4.
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Cau 37.

Cau 38.

Cau 39.

Céau 40.

Céu 41.

Cau 42.

Céau 43.

Cau 44.

Cau 45.

Céau 46.

Cau 47.

TRUONG THPT LE HONG PHONG-TAI LIEU LUYEN THI MON TOAN LOP 12
Cho hinh chép S.ABCD co6 day ABCD la hinh vuéng canh 2a. Tam gidc SAB cén tai S va (SAB)
3

vudng goc véi (ABCD) . Gia sir thé tich ciia khdi chop S.ABCD 1a 4%. Goi a la goc tao béi SC va
(ABCD). Tinh cos« .

A. (:050::@. B. c03a=@. C. COSQZ@. D. COSazg.
, , . \ . . Jx=3(x+4
Tinh tong so duong tiém can cua do thi ham s6 y = ( ) .
2x* —5x+2)\/x* ~16
A. 3. B. 2. C.5. D. 4.

Cho phuong trinh log} (x* +4)—(2m+1)log, (x* +4)+4=0 (m latham s). Tim cac gia trj cia tham
s6 m dé phuong trinh c6 dung ba nghiém phan biét.
A. me(L2). B.VOsé m. C. me(2;3). D. Khéng ton tai m.

7
Cho ham s6 f (x) lién tuc trén R vathéa man f(x)=f (10-x),vxeR. Biét jf(x)dx:4. Tinh
3

7
I:_[xf (x)dx

3
A. 1=40. B. 1=80. C. 1=60. D. 1=20.

. o oo s
Cho so6 phuc z théa mén (1+ 2I)|Z|:T—2+|. Khang dinh nao sau day la dung?
A. |z|<1. B.§<|z|<2. C.|7>2. D. |Z|e[l§}
2 2 2 2

Cho miéng bia hinh chir nhat ABCD ¢6 AB=6,AD =9. Trén canh AD ly diém E sao cho AE =3.
Goi F la trung diém caa BC. Cudn miéng bia sao cho AB triing CD dé tao thanh mét hinh try. Tinh
thé tich cua tir dién ABEF .

A B3 g, 81V c. 83, p. I3

87 ) 4 7 ’ dr ‘ 47z’
C06 bao nhiéu s6 nguyén m<100 dé ham s6 y =6sinx—8cos x+5mx dong bién trén R ?
A. 100554. B. 99 sb. C. 985s4. D. Pap an khéc.

Goi S 1a tAp hop tit ca cac sd ty nhién co 7 chit s6. Lay ngiu nhién mot sd tir tap S . Xac sudt dé sb

ldy dugc c6 tan cing 1a 3 va chia hét cho 7 ( 1am tron dén chir s6 hang nghin) ¢ dang 0,abc. Tinh
a’+b’+c?.
A.15. B. 10. C.17. D. 16.

Puong thang y = x+1 ct do thi ham sé y = > tai hai diém phan biét A B. Khi d6 do dai doan

thing AB béng
A. AB=8. B. AB=4. C. AB=2./2. D. AB=+6.
Chohamsé y = f (x):mz(\/4+x+\/4—x)+2 16 —x? +3m—2. Tong céc gié tri cuia tham s6 m dé

ham s dat gié tri 16n nhat bang 13 1a

A. —Z. B. 3 C. —ﬂ. D. 1.
4 4 7

Trong khong gian véi hé toa dd Oxyz, cho mit cau
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Céu 48.

Céau 49.

TRUONG THPT LE HONG PHONG-TAI LIEU LUYEN THI MON TOAN LOP 12
(S):(x=1)" +(y—2)" +(z+1)" =49 va mat phing
(a):=2mx+(3-2m)y+(2m-1)z+2m-2=0 (m la tham sé). Mit phing (&) cét (S) theo mot
duong tron cé dién tich nho nhat 1a

8974 35 35
A —r. B. —r. C. —. D. Pap an khac.
9 V4 \/ﬂﬁ 2 ap an khac
Cho ham s6 y = f(x) lién tuc trén doan [-2;2] va 2f (x)+3f (-x)= L Vx e[-2;2]. Tinh
+
2
I:jf(x)dx.
-2
A== B.1=-2. c.1=—2- D.1=2L.
10 10 20 20

Cho hinh chép S.ABCD c6 day 1a hinh vudng tim O canh bang a. Hinh chiéu vuéng géc cua dinh
S 1én mat day (ABCD) la trung diém ciia doan thang AO. Mit phang (SBC) tao véi mat day mot
g6c 45°. Tinh khoang céach gitra SD va AC.
A 2V g, 251

17 " 13

3a+/34

34

C. a 313 . D.

Cau50. Cho mit cau (S):x*+y*+2z°-2x—2y-2z=0. Biém A(2;2;0). Viét phuong trinh mit phang
(OAB) biét diem B la mot diém thudc mét cau (S), cé hoanh do duong va tam gidc OAB déu.
A. x—y+2z=0. B. x—-y-2z=0. C. x—-y-z=0. D.2-y+z=0.
HET
BANG DAP AN
PE 01
1B | 2A | 3C | 4D | 5C | 6C | 7TA | 8C | 9C | 10B | 11C | 12B | 13C | 14C | 15A
16A | 17C | 18C | 19C | 20A | 21D | 22A | 23D | 24B | 25A | 26A | 27A | 28B | 29B | 30A
31A | 32A | 33B | 34B | 35A | 36D | 37B | 38D | 39D | 40B | 41B | 42B | 43C | 44B | 45D
46D | 47D | 48D | 49D | 50D
PE 02
1-B 2-C 3-B 4-D 5-D | 6-D 7-A 8-A 9-D 10-A
11-C | 12-C |13-C| 14-C 15-A | 16-A 17-A 18-A 19-D 20-C
21-C | 22-B | 23-A| 24-C | 25-B | 26-D| 27-D 28-C 29-A | 30-C
31-D | 32-A [33-B| 34-A | 35-C |36-A| 37-D 38-A 39-B | 40-D
41-D | 42-A | 43-A | 44-B 45-A | 46-B 47-B‘ 48-A 49-D 50-A
DE 03
1A 2.C 3.C 4.A 5.A 6.A 7.A 8.B 9.B 10.B
11.D 12.A 13.A 14.A 15.B 16.B 17.B 18.D 19.B 20.B
21.B 22.A 23.A 24.D 25.B 26.C 27.C 28.C 29.C 30.C
31.C 32.B 33.B 34.A 35.C 36.C 37.B 38.A 39.D 40.B
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TRUONG THPT LE HONG PHONG-TAI LIEU LUYEN THI MON TOAN LOP 12

41.B | 42.C | 43.A | 44.C | 45.C | 46.C | 47D | 48B | 49.B | 50.C
PE 04
1-A 2-A 3-B 4-A 5-D 6-C 7-C 8-D 9-C 10-B
11-A 12-C 13-A 14-B 15-B 16-C 17-A 18-C 19-C 20-D
21-B 22-B 23-C 24-A 25-A 26-A 27-A 28-C 29-D 30-C
31-B 32-A 33-B 34-A 35-C 36-A 37-D 38-A 39-C 40-C
41-A 42-D 43-B 44-C 45-A 46-C 47-C 48-D 49-A 50-C
PE 05

1.C 2.C 3.D 4.A 5.B 6.C 7.A 8.D 9.B 10.B
11.B 12.A 13.C 14.A 15.B 16.B 17.D 18.C 19.A 20.D
21.C 22.B 23.C 24.D 25.D 26.A 27.D 28.C 29.A 30.A
31.B 32.B |33.B.C| 34.A 35.C 36.A 37.B 38.B 39.D 40.D
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